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CHUONG I. HAM SO Teacher2kkk | Hoc todn cing GenZ

A. CAU HOI

Cau 1. Cho ham s6 f(z) 1A ham da thtic bac 3 vA c¢6 d6 thi nhu hinh vé. Xét ham s6
g(x) = f(2x3—|—m—1) +m. V6i gia tri nao ctia m thi gid tri nhé nhat cta g(z) trén doan [0;1]
bang 2022.

T e

&

(A) 2023 (B) 2000. (C) 2021. (D) 2022.

Cau 2. Cho a 1a s6 thuc duong sao cho 3% 4 a® > 6% 4+ 9% v6i moi € R. Ménh dé nao sau day
dting?

(A) a € (14;16). a € (12;14]. (©) a e (16;18]. D) a € (10;12].

Cau 3. Cho ham s6 y = f(x) ¢6 dao ham trén R va ham s6 y = f'(x) ¢6 do thi nhu hinh vé. Trén
[—2:4], goi z¢ la diem ma tai dé6 ham s6 g(x) = f <§+1) —In (:v2+8:)3+16) dat gi4 tri 16n nhat.
Khi @6 x¢ thuéc khodng nao?

BAvAN
oG) @0y o) ok

Cau 4. Cho phuong trinh In(z+m) —e® +m = 0, v6i moi m 1a tham s6 thuc. C6 bao nhiéu gia tri
nguyén m € [—2022;2022] dé phuong trinh da cho cé nghiém?

(A) 2022. (B) 2021. (©) 2019. (D) 4042.

z 2 2
Cau 5. Cho cic s6 thuc z,y théa man 2% Y 2 42229~ Hog, (2 —y) = 217 4 2229721 4 log, (1 — ).
Gié tri 16n nhat ctia biéu thitc P =4 (:1:3 +y3> — 6y bang
22 9
V40. 40. —. —.
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. N . 1
Cau 6. C6 bao nhiéu so nguyén y > 3 sao cho ton tai ding 2 so6 thuc x 16n hon 2091 thoa man
(eyx_my"f‘x)lny = ;[;y?

(A) 2028 (B) 2026. (C) 2027. (D) 2025.

Cau 7. Cho ham s6 y = f(x) c6 do thi nhu hinh vé dudi day. C6 tat ci bao nhiéu gid tri nguyén
cia tham s6 m dé phuong trinh f2 (sinz) 4 (m —5) f (sinz) +4 = [f (sinz) +m — 1] | f (sinz) — 2| ¢6 5
nghiém thuc phan biét thuoc doan [0;27].

[l e

@o. ®s. ©1 D2
Cau 8. Xét cac s6 thuc x,y thoa man 9r’+y’+1 < ($2+y2 —2x+2> 4", Biét gia tri 16n nhat cia

2 3 _4 S ~
bidu thitc P = —~ Y bing av113+b v6i a,b € Q. Khi d6 a+b bing
2r+y+1

A 1. B) 3. ©) 2. D) 0.

x? —2max +1
r2—x+2
gi4 tri 16n nhat ctia ham s 16n hon hodc bang 4.

(A) 18, B) 10. (C) 20. (D) 14,

Cau 10. Cho ham s6 f(z) lién tuc trén doan [—1;3] va c6 do thi nhu hinh vé bén. Tim gid tri ctia

tham s6 m sao cho gid tri 16n nhit ctia ham s6 g(z) = f (3|cosz| — 1) +m bang 4.

Cau 9. Cho ham sé y = . C6 bao nhiéu gid tri nguyén ctia tham s6 m € [—10;10] dé

Hbssssssnaneaee

@m:4. m:6. @mz?. @sz.
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Cau 11. Cho ham sb f(z) = az* 4+ bz? + ¢ ¢6 d6 thi nhu hinh vé. Goi sb tu nhién n 14 sb diém cuc
tri ciia ham s6 g(z) = f2 [f2(x) — 2022m] Khi d6 v6i moi m ta luén ¢6 a <n <b; a, b€ N. Gi4 tri
ctia a+ b bang?

Y

-2 -1 0 1 2

(A) 25, B) 21. (©) 15. D) 18,

Cau 12. Cho ham s6 y = f(z) lién tuc trén R va ¢6 do thi nhu hinh vé. C6 tat ca bao nhiéu gia tri

nguyén ciia tham sé m dé phuong trinh 3f (|x|3 —3|x|+ 2) —m+1=0 c6 8 nghiém phan biét.

b — - - - - - - =

@A) 5. B) 6. © . D) 8.

Cau 13. Cho f(z) 1a ham da thuc bac bén va ham s6 y = f/(x) c6 do thi nhu hinh vé. Héi ham s6

2 2
g(x) = f(sinx—1)+ COS2% 6 bao nhiéu diém cuc tri thude khoang (0;27)?

| ]

[ o
@2. 4. @3, @5'
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Cau 14. Cho dudng cong (Cp,) :y = 2® —3(m— 1)z —3(m+ 1)z +3. Goi S 1a tap céc gia tri clia

tham s6 m dé dd thi ham s ¢6 hai diém cuc tri A, B sao cho O, A, B thang hang. Téng cdc phan tit

ctia S bang
@) o. B 1. (©) 2. D) 3.

Cau 15. Cho ham s f(x) = logs (\/4:62 +1+ 21’) +32%%21 C6 tat cd bao nhiu gid tri nguyén cla
tham sb m € [-2021;2021] dé bat phuong trinh f(x2—|—1) + f(—2mz) > 0 nghiém ding v6i moi
z € (0;+00).

(A) 2023 (B) 4020. (C) 4022. (D) 2021.

Cau 16. Tim tat ca cdc gia tri nguyén m € (—2021;2021) thoéa man

(\/m2—2m+4+1—m> (Vam+3-2m) >3
(A) 2021. (B) 2020. ©) 1. D) 0.

Cau 17. Cho ham sb bac bén y = f(x) c6 do thi nhu hinh vé. Cé bao nhiéu gia tri nguyén ctia tham
f(x)

s6 m € [—2021;2021] dé phuong trinh log 3

phan biét?

+ z[f(z) — max] = ma® — f(z) ¢6 hai nghiém duong

e 1 T

(A) 2019. (B) 2020. (C) 2022. (D) 2021.

Cau 18. Cho ham s6 f(z) lién tuc trén R va c6 bang xét dau f’(z) nhu hinh vé. S6 diém cuc tri
ctia ham s6 g(v) = f (2> — 20 +1— |z —1]) la

T —00 -1 0 1 +oo
f(z) -0 + 0 - 0 +
@ s. B) 9. (©) 10, D) 7.
. h)—1 2
Cau 19. Cho ham s0 y = f(x) ¢6 dao ham trén R théa man limw = - va
h—0  6h 3

[z, +x,)=f(z,)+ f(z,) + 22,2, (x1+x2)—; Vz,,z, € R. Tinh f(2).

17 95 25
@ s. ® 5 = =
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Cau 20. Goi S 1a tdp hop cac s6 tu nhién n c6 4 chit s6 théa man (2”+3”)2020 < (22020 +32020>n.
S6 phan tit ciia S 14

(A) 8999. (B) 2019. (C) 1010. (D) 7979.

Cau 21. Tinh a+b biét [a;b] 1a tap tat ca cdc gia tri ctia tham sb m dé bat phuong trinh

log2\/x2—2x+m+4\/log4(x2—2x+m) <5

théa man véi moi € [0;2]
A) atb=4. B a+b=2. (© a+b=0. D) a+b=6.

Cau 22. Cho ham s6 y = f(r) ¢6 dao ham trén R\{0} sao cho f(ml
xQ
z,,7, € R\{0}, f(z,)#0. Biét f'(1) =2, khi d6 f'(x) bang

@) 2f(x). ff) (©) 2xf(x). D) 2/ ()

Cau 23. Cho ham s6 y = f(z) = az® 4 bz 4 cx +d c6 bang bién thién nhu sau

) = v6i moi

T —00 —1 1 +00
f'(z) + 0 — 0 +
4 400
@ | T T~
—00 0

Tim m dé phuong trinh |f(x —1) +2| =m c6 4 nghiém thoéa man z, <z, <z, <1< x,.
(A) 4 <m <6. B) 3<m<6. (©) 2<m<6. D) 2 <m < 4.

Cau 24. Cho céc s6 thuc a,b théa man 1 < a < b < 4. Tim gid tri nhé nhdt cia biéu thic
16
_ 2 _ 3
P =3log, (b +16b 16) + 5 logg a.

@s. ®) 18. ©o. D) 17.

Cau 25. Goi X 14 tap hop tit ci cdc gid tri clia tham sé m dé dudng thang d : y = —45m — 2 cing
v6i do thi (C) clia ham s6 y = 51’3 —2ma?® + 2 +1 tao thanh hai mién kin ¢6 dién tich 1an luot 1

S1,S5 théa man Sy = Sy (xem hinh v&). S6 phan tit clia tap X 1a

@) o. ®) 2. © 1L D) 9.
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Cau 26. Biét rang tdp tat cd cac gid tri thuc cta tham s6 m dé phuong trinh
m(z+4)\/22 +2 = 522 4+ 82 + 24 ¢6 4 nghiém thuc phan biét 14 khoang (a;b). Gid tri a +b bang.

) ® 2. (©) 4. D) 9.

3 3
Cau 27. Goi S 1a tap cdc s6 nguyén y sao cho véi méi y € S c6 ding 10 sd nguyén x théa man
2977 > logs (x—l—y2). Tinh téng céc phan ti& thude S

a7 B) —4. ©) 1. D) —1.

Cau 28. Cho ham s6 bac bén y = f(x) c6 do thi ham s6 y = f'(z) nhu hinh vé. Ham sb
g(x)=4f (x2 — 4) + 2% — 822 ¢6 bao nhiéu diém cuc tidu?

4y

f'(=)

b= =

|

(]

0
S Y

@) 4. 7. ©) 3. D) 5.
Cau 29. Cho ham s6 f(x) =2"—-277 + 202223, Biét rang ton tai sd thuc m sao cho bat phuong
trinh f(4° —ma+37Tm) + f ((x —m —37)2%) > 0 nghiém ding v6i moi z € R. Hoi m thudc khoang
nao duéi day?

(A) (30;50). (10;30). (©) (50;70). (D) (~10;10).

Cau 30. Cho ham s6 y = f(x) théa man f(0) < 0. Him s6 y = f'(z) c6 do thi nhu hinh vé. Goi m,n

lan lugt 14 s6 diém cuc dai, sé diém cuc ticu ctia ham s6 g(x) = |f (|z|) +3|z||. Gia tri ctia m™ 1a

(S ——— Y

@ 4. ®) s. (C) 2. D) 16.

Cau 31. Cho f(z) 14 ham da thiic va cho ham da thiic bac ba g(z) = f(z + 1) thoéa man
(x—1)g (z+3)=(z+1)g'(x+2). S6 diém cuc tri ctia ham s6 y = f (2x2 —4x+5)

@ 1. ®) 3. ©) 2. D) 5.
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Cau 32. Cho ham s6 y = f(x) lién tuc trén R. Do thi ctia ham s6 y = f(1 — ) dugc cho trong hinh
vé c6 ding 3 diém cuc tri 1a A(—1;1), B(0;—2), C(1;3). C6 bao nhiéu gia tri nguyén ciia tham sé m

v 1—2y\ 241
dé phuong trinh f< x) s

+72)  aia =0 ¢6 ding 4 nghiém phan biét?

L U

J3= = =

Y A e e e

A) 3. B) 4. ©) 2. D) 5.

2 1
Cau 33. Xét cdc so nguyén duong z,y théa man (y+z2) (3“’ —81 y+2) =zy+xz—4. Tim gia tri nho
nhat ctia biéu thiec log, 52 +1logy (2y2 + 22).

@ 2+logy 3. 5 —logs 3. @ log, 11. @ 4 —logs 2.
Cau 34. C6 bao nhiéu gia tri nguyén ciia tham s6 m € [—10;10] dé phuong trinh
23" 7 20 3 P2 = 143" (7%~ 140+ 2 - 7.3™)
c6 bén nghiém phan biét trong d6 c6 ding hai nghiém 16n hon —1.
(A) 10. B) 9. (©) 11. D) 8.
Cau 35. Cho ham s6 y = f(z) lién tuc trén R va c¢6 do6 thi nhu hinh vé.

¥ r.

N/

bat T =103f (a2+a+1) +234f (af(b) +bf(a)) véi a,b € R. Goi m 1a s6 cap (a;b) ma tai d6 bicu
. . . M
thitc T dat gia tri 16n nhat, goi gid tri 16n nhat ctia T 1a M. Gié tri biéu thitc — bang
m

1011 1011 337 674
I B —— ER 5
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Cau 36. Cho ham s6 y = f(z) c6 bang xét diu ctia dao ham nhu sau

T —00 -2 3 8 +00

f'(z) + 0 — 0 — 0 +

Ham s6 y = f <x2 + 2\1‘]) nghich bién trén khoang nao sau day?
(A) (2;+00). (—2;0). (©) (-1;1). D) (1;2).

Cau 37. Cho f(z) = 2023.In (em“"zs +e%>. Tinh gid tri bidu thic H = f'(1) + f/(2) + ... + 1'(2022).

(A) 2022. 02022 (C) et (D) 1011.

Cau 38. Cho ham s6 y = f(x) 1a hAm da thitc bac 3 ¢6 do thi nhu hinh vé. Goi S 1a tap hop tat
c& céc gia tri nguyén ctia tham sé m € [—100;100] dé ham s6 h(z) = ’fQ(x) +4f(x) +3m’ c6 ding 3

diém cuc tri. Tong tat ca cdc phan ti cta S bang

F T

(A) 5047. (B) 5049. (C) 5050. (D) 5043.

Cau 39. Cho ham s6 f(r), do thi cia ham s6 y = f'(z) 1a dudng cong nhu hinh vé. Tim tat ca cac

. - 83 11
gid tri thuc ctia tham s6 m dé bat phuong trinh f (2z) + % —4x —m < 0 ding v6i moi x € {—2; 2} .
WY

]
1 -
—2/—10 1 23\ x

y = f'(x)
® m> 1)~ m> f(0) © m> f(0). ©) m> f(3).

BIEN SOAN: TRUONG CONG DAT Tuyén tap VD - VDC trong cic dé thi thit THPTQG | 10
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Cau 40. C6 bao nhiéu gid tri nguyén ciia tham sé m dé phuong trinh

91+v1—x2 . (m+3).31+v1—$2 +29m+1=0

¢6 nghiém thuc?

A) 5. B) 3. (©) 4. D) 7.

41 y+1
VY T

Cau 41. Cho z,y 1a céc s6 thuc duong va théa man . Gi4 tri nhé nhat m cia biéu

4
thie P= 270 1

@m:Z m:8. @sz. @m:2\/§.

Cau 42. Cho ham s6 bac ba y = f(x) c6 do thi nhu hinh vé.
Y]

51

S6 nghiém cita phuong trinh log3 (f(z)+1) —log?5 (f(z) +1) — 2logy \/f(x) +1+6=01a
AT B) 5. (©) 6. D) 8.

, N L
Cau 43. Cho ham sb f(z) = In (1 - 2). Biét ring f'(2)+ f/(3)+ ...+ /'(2020) = ¥ v6i a,b Ia céc
x

s6 nguyén duong nguyén té cting nhau. Gid tri 2a —b 13
@) 2. B) 4. ©) -2 (D) —4.

Cau 44. Xét cdc sb thuc z,y thoa man 22 +y? > 1 va log,2.4,2 (27 +4y) > 1. Gid tri 16n nhat ciia
biéu thitc P = 3z +vy bang

(A) 5+2V/10. B) 5+4V5. (©) 5+5v2. (D) 10+2v/5.
Cau 45. C6 bao nhiéu cip s6 nguyén duong (z;y) théa man
g’ -1 log (41:2 +4x+ 2) =3y 2 og (22 4y —1)
dong thoi z,y < 20217

(A) 15, B) 28. (C) 22. D) 35.
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20 —m?

, v6i m 1a tham s6. Goi my,ma (v6i my < ms) 1A cdc gid tri

CAu 46. Cho ham s6 f(z) =

clia tham s6 m théa man 2r[%a2>]<f(a:) —I[Bli;}lf(x) = 8. Tong 2m; + 3ma bang

@) 1. —2, (©) 4. D) —1.

Cau 47. Cho hai s6 thuc z,y thay d6i va thoa méan (m+y)3 +4xy > 2. Gia tri nhé nhéat ctia bicu
thite A =5 (2*+y* +2%%) —4 (2> +1?) + 2 bing

14 25
—14. 14. —. —.
® ® E i
Cau 48. Cho ham s6 bac bén y = f(x). Ham s6 y = f'(z) c6 d6 thi nhu hinh vé. Dat ham s6
g(z) = f(x) — x* — 2. Ménh dé nao sau diy ding?

¥

5

@A) g(-1) > g(1). g(1) > g(2). (©) g(1) = g(2). D) g(—1) = g(1).

Cau 49. Cho hai 86 thuc z,y théa man 0 < x < 2020 va logy (22 +2) +z — 3y = 8Y. C6 tit cad bao

nhiéu cap s6 nguyén (z;y) thoa man cac diéu da cho?
(A) 2018 B 1. (C©) 2019. (D) 4.

Cau 50. V6i a,b 1a cic s6 thuc théa man 2a® — 6a” + 7a = (3 —2b)V/1 — b+ 3 va bidu thicc P =2a+b
dat gia tri 16n nhat. Téng a+ b bang

@) 2. B) 4. ©) 6. D) 8.

Cau 51. Cho ham s6 f(z) lién tuc trén R va cé d6 thi nhu hinh vé. Tong tat ci cac gia tri ctia tham

s6 m dé gia tri 16n nhat ciia ham s6 g(z) = | f(z) 4+ 2m| trén doan [—3;2] bang 5 la

@ - © 1 D -2.
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Cau 52. Cho ham s6 y = f(x) x4c dinh, ¢c6 dao ham trén R va c6 do thi nhu hinh vé. Tap tat ca
cic gia tri thuc cia tham sé m dé ham sb g(z ‘fQ )+4f(x)— Zm‘ c6 ding 5 diém cuec tri 1a

by

2._—

O/ 3 T
(A) (~2;0). (6:8). (©) (0;6). (D) (—2;0]U[6;+00).

Cau 53. Cho hai s6 thuc duong z,y théa man

(y—|—1)21n <x2—y5f2> + [xz—i—(xQ—l)y—Z} {3x2+(3x2+5>y+10] =0

Biét rang gid tri nho nhat cta bidu thic P = z? +% ¢6 dang a+bv/2 véi a va b 1a cde sb hitu ti. Gid

tri ctia bidu thitc S = a? 4 b? thudc khoang nao sau day?
(A) (3;5). (2:3). ©) (0;1). D) (1;2).

Cau 54. Cho ham sb f(z ) la ham da thttc bac bon va cé bang bién thién nhu hinh v&. Tim s6 diem
cuc tri ctia ham s6 g(z) =27+ [f(2z+1)]?

w NN

A) 4. B) 6. © . D) 5.

Cau 55. C6 bao nhiéu cip s6 (z;y), trong dé x,y nguyén duong thudce doan [0;2022], théa man diéu
kien 27 —logy (1> +615) =y — 2.+ 6157

@) 3. ® 2 (©) 4. D) 1.

Cau 56. C6 bao nhiéu s6 nguyén z sao cho ton tai s6 thuc y théa man

2logs (z+y+1) =logy <x2+2x—|—2y2—|— 1)

@) 2. ®) 1. © s. D) 4.
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Cau 57. Cho ham da thitc y = f(z), biét ham s6 y = f’(x) c6 d6 thi nhu hinh v&, biét rang f(0) =0
va dd thi ham s6 y = f'(z) ct truc hoanh tai ding 4 diém phan biét. Héi ham g(z) = \ f (xG) - x3\

c6 bao nhiéu diém cuce dai?
[.f'(-’ﬂ

@]

@A) 4. ®) 2. @3.- D) 1.

Cau 58. C6 bao nhiéu s6 nguyén duong z sao cho ting véi mdi x c¢6 ding 9 sb nguyén y théa man
(QyH — x2) (3¥Y—z) <07

(A) 67, B) 64. (C) 128. (D) 53,

Cau 59. Cho ham s6 f(z) = ax® +bx® + ¢ ¢6 dd thi nhu hinh vé.

Ly

Dit g(x) = f (\/x2—4x—|—6> —2(902—435) Va2 —4x+6—12y/22 — 4z +6+ 1. Tong gia tri 16n nhat

va gid tri nho nhat ciia ham s6 g(r) trén doan [1;4] bang
(A) 12 -12V/6. 12— 12V6. (©) 12-2V12. (D) —12 - 2V/6.

Cau 60. Goi S la tdp hop tit cd céc gid tri nguyén cta tham sb m dé phuong trinh
27" — (2m —1)9" + (m” +2m — 53) 3" = m? + 51 = 0 ¢ ba nghi¢m khong am phan bigt. S phan
tit cua S la

A) 17, B) 23. (©) 19. D) 18,

Cau 61. C6 bao nhiéu gid tri nguyén ctia tham sb m thudc khoang (—10;10) dé ham sb

B V3—x+2
4= V3—z+m

(A) 11, B) 10. (©) s. D) 7.
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Cau 62. C6 bao nhiéu sd nguyén x sao cho g v6i mdi x c6 khong qué 2 sé nguyén y thoéa man
2
AT =Y L 9=8Y > 519 va x4y > 07

A) 4. B) 5. (©) 6. D) 7.

. 2 2
Cau 63. Xét cac so thuc duong z,y thoa man 2 (x2 +192 —1—4) +logagan < + ) =

1 2
— — —4)”. Khi
PRl (zy—4) i

bidu thitc P =z + 4y dat gi tri nho nhat, gid tri ctia 2~ bing
s
1 1
o B> ©! o

Cau 64. Cho ham bic bén y = f(z) c6 dao ham lién tuc trén R, ham s6 y = f'(z) c6 do thi nhu
hinh vé. Goi S 1a tap tat ca cac gia tri nguyén ctia tham sb m dé ham s6 y = f (|4 — 2| +m —6) cb
ding 3 diém cuc tiéu. Téng cic phan ti ctia S bang

Y

/N

-1 @] 1 4 T

(A) 18, B) 11. ©) 2. (D) 13,

) . . - T4y

Cau 65. G 1a cic so thuc duong th | =
au 01 x,y la cacC SO IC ng Oa man Og\/g x2+y2—i—ajy—i—2

dr+5y—3

oyl dat gia tri 16n nhat. Khi d6 2021z + 2022y bang

(A) 6064. (B) 4043. (C) 6065. (D) 8085.

Cau 66. Cho ham s6 y = f(z) c6 dao ham trén R. Biét ham s6 y = f’(z) 14 ham bac ba c6 do thi
nhu hinh v&. Cé bao nhiéu gi4 tri nguyén ctia tham sé m dé ham sb g(z) = f (’2x3 + Sx’ —m+ 1) )

x(r—3)+yly—3)+axy

sao cho biéu thitc P =

ding 5 diém cuc tri?

VA

n_/
\_/

A) 4. B 7. (©) 5. D) 6.

2
Cau 67. Cho phuong trinh (932 —2:1:+m) — 22?4+ 32z —m = 0. C6 bao nhiéu gid tri nguyén cla
tham s6 m € [—2022;2022] dé phuong trinh da cho c6 bén nghiém phan biét?

(A) 2022. (B) 4045, (C) 2024. (D) 2023.
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Cau 68. C6 bao nhiéu s6 nguyén y thuoc doan [—2022;2022] sao cho ton tai € R théa man

1293y +12.2% = 237 — 3y
(A) 2027. (B) 2028. (C) 2021. (D) 2022.

Cau 69. C6 bao nhiéu s6 nguyén x € [—2022;2022] théa man

[log% (2z) —3logyx — 7] A/27 =376 <0
@A) 9. B) 8. (C) 2021. (D) 2022.

Cau 70. Cho ham s6 f(x) 1a ham da thtic bac bon. D6 thi ham s6 y = f'(x) duge cho trong hinh
ve dudi day.

34+ — — 4 —

e —— — — = = =

3 2

Dit ham s6 g(x) = f(x) — % — % + 2. Tap hop tat ca céc gid tri thuc clia tham sé m dé ham sb
g(z +m) nghich bién trén khoang (3;+00) 1a

@) (—o0; 5. [~1;+00). ©) (-5;-1). D) (~1;+00).

Cau 71. Cho ham s6 y = f(z) c6 bang bién thién nhu sau:

T —00 1 3 +0o0

1 +o0

C6 bao nhiéu gid tri nguyén ciia tham s6 m thudc doan [—10;10] dé ham s6 h(z) = |f(z) —m| c6

ding 3 diém cuc tri?
(A) 21, B 19. (©) 18, (D) 20.

Cau 72. Cho bat phuong trinh 8" + 3z.4" + <3m2 + 2) 27 < (m3 — 1) 23 +2(m—1)z. S6 cac gia tri

nguyén ctia tham s6 m dé bat phuong trinh trén c6 ding nam nghiém nguyén duong phan biét 1

A) 5. B) 3. (©) 4. D) 6.
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Cau 73. Cho ham s6 bac bén y = f(z) c6 bang bién thién nhu sau.

T —00 -1 0 1 +oo

Y - 0 + 0 - 0 +

IS

C6 bao nhiéu gid tri nguyén ctia tham s6 m € [-2022;2022] dé phuong trinh
2
(f2(2)+27)" = (m*+2m+14) (f2(z) +27) +4(m+1)*+36 =0 c6 diing 5 nghiém thye phan biét?

@A) o. (B) 4043. (C) 4044. D) 1.

Cau 74. Cho ham s6 y = f(z) ¢6 dao ham f'(z) = 2° — 3z — 2, Vo € R. C6 bao nhiéu gia tri nguyén
ctia tham s6 m € [—30;30] dé ham s6 y = f (‘x4 — 8x2‘ +m> c6 ding 7 diém cuec tri.

@) 2. B) 16. (©) 17. D) 1.

Cau 75. C6 tat ca bao nhiéu cap sé nguyén duong (x;y) v6i y < 20 thoéa man

r+1 4 3 29 2
lo <y +20°—zx —2u°x
g2022y+1_y Y Yy Yy

(A) 380. B) 200. (C) 420. (D) 210.

Cau 76. S6 gi4 tri nguyén ctia tham s6 m thudc doan [-2022;2022] dé ham sb
F(x) = |z]* = 3ma® + 24 (m —2) |2| +2021m ¢6 ding ndm diém cuc tri 1a

(A) 2025. (B) 2021. (C) 2019. (D) 2020.
Cau 77. S6 nghiém nguyén ctia bat phuong trinh 5o’ —20=3 _ (2:10 —mQ) 257 < 1+43.257 la
(A) 5. B) 4. ©) 6. D) 3.

Cau 78. Cho céc s6 thuc a duong va b khong am thoa man 2%« < log, (8=b)Vb+4]. Tong tat ca

cac gia tri nguyén ciia tham s6 m dé phuong trinh asin2x +bcos2z = 2m — 1 ¢6 nghiém la
@2 ® 1 ©4 Do

Cau 79. Cho ham s6 f(z) = az® + bz +ca® +dr+e (a #0) c6 do thi (C). Biét ring (C) cit truc
hoanh tai bén diém phan biét 1a A(z;0), B(x,;0), C(x,;0), D(z,;0), v6i x,, z,, x4, z, theo thit
tur 1ap thanh cip sb cong va hai tiép tuyén ctia (C) tai A, B vudng géc v6i nhau. Khi dé, gia tri clia
biéu thite P = [f(,)+ f'(z,)] " bing

@ <;l>1011‘ (§)2022‘ @ (4361)1011. @ <436L)2022.
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Cau 80. Cho ham s6 y = f(z) lién tuc trén
A

y

R va c6 do thi nhu hinh vé dudi day:

y= flz)

0

C6 bao nhiéu gia tri nguyén cua tham
m

f(x)
(A) 1875. B) 1872.

Cau 81. Cho ham s6 f(x) = az' + bz + cx

z 2 £ 'r
vé. So diém cuc tri cia ham so g(z) = f <

Ay

2

AN

s6 m khong vuot qua 2022 dé bat phuong trinh

vmf(x)—1> ifz(a:) ding v6i moi x € [—2;3]?

(C) 1874. (D) 1873.

24 dr+e (a#0). Him sb f/(1—xz) ¢6 dd thi nhu hinh

-1
)—JP 13

1

[
(A) 6. B) 4.

2
/ .
3 T

©) s. (D) 10,

Cau 82. Cho ham s6 da thtic bac bén y = f(x), ham s6 f'(z) ¢6 do thi nhu hinh vé

[

¥

1
I
| O
I
I

ay

Biét f(0) =

(A) 4. B) 3.

DN | —

, 50 diém cue tri clia ham s6 g(x) =
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Cau 83. C6 bao nhiéu s6 nguyén x sao cho tng v6i moi s6 nguyén z c¢6 ding 5 s6 nguyén y thoa
2
man 3V 1772l < log,25 (|7 —2y|+3)7

(A) 13, B) 11. (©) 12, (D) 10,

Cau 84. Cho ham s6 y = f(x) 1a ham béac bén théa man f(1) <0 va c6 bang bién thién cta f/(x)

nhu sau

T —00 -1 2 +00

-1 +00
(@) / \ /
—00 —4

Ham s6 g(z) = ‘f < z2 + 1) +x2‘ dong bién trén khodng nao dudi day?

(A) (—o0;—1). (1;2). ©) (0;1). D) (~1;0).

Cau 85. Cho ham s f(z) ¢6 dao ham 1a f'(x) = (z—2)* (2* — ), x € R. Goi S la tap hop tét ci

, . e 21 ka2 e 2
cac gia tri nguyén duong ctia tham s6 m dé ham so f <2x2 — 6x+m> c6 5 diém cuc tri. Tinh tong

tat ca cac phan tit clia S.

(A) 154, B) 17. (©) 213. (D) 153.

Cau 86. Trén parabol (P):y =22 14y hai diém A(—1;1), B(2;4). Goi M 1a diém trén cung AB clia
(P) sao cho dién tich ctia tam gidc AM B 16n nhat. Biét chu vi tam gidc MAB 1a av/2+bvV/5 4 ¢v/29,
khi d6 gid tri a+ b+ c bang

29 41 9 13
K. @ 3. @ 5. ?.
Cau 87. C6 bao nhiéu s6 nguyén duong b sao cho tmg v6i mdi b, c6 ding 3 gid tri nguyén duong
2@
T8 g0 < a(b—1)?

@) 1. B) 2. (©) 3. D) o.

Cau 88. Cho ham s6 f(z) =z +3% va g(z) = 2° —ma? + (m2 + 1) x — 3 v6i m 1a tham s6 thuc. Goi
M 1a gia tri 16n nhat ctia ham sb y = g (22 + f(x)) trén doan [0;1]. Khi M dat gi4 tri nho nhat thi

gié tri ctia m bang
7 5
@) 3. 5 © 5 D) 2.

Cau 89. Cho ham s6 y = f(z) c¢6 dao ham f'(z) = (z —1)* <x2 —7£L‘+12) v6i moi x € R. Cé bao
nhiéu gid tri nguyén duong ctia tham s6 m dé ham sé g(z) = f (333 —33:+m) c6 ding 6 diém cuc
tri?

op ®) 3. ©) 2. D) 0.
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Cau 90. C6 bao nhiéu s6 nguyén x thdéa man \/2 logs(z+2) — \/10g3 (222—-1)> (z+1)(z—5)?
A s. B 7. ©) 6. D) 5.

Cau 91. Vi cdc sb thue khong am a,b thoa man 160+ 3a.23%4 > 8 ¢id tri nhoé nhit ctia bidu thitc
P = 3a®+3b%> +12a+ 18b+6 bing

(A) 15, B) 18. (C) 25. D) 21.

Cau 92. Cho ham s6 y = f(z) x4c dinh va c6 dao ham lién tuc trén R. Ham s6 y = f'(x) c¢6 do thi

nhu hinh vé.

1 [2] /1 2 4 T

S6 nghiém nhiéu nhat ctia phuong trinh f (x2> = 2022m — 2021 (v6i m 1a tham s6) 1a
A) 5. B) 4. © . (D) 6.

Cau 93. Biét nita khoang S = [p™;p") (p,m,n € N*) 1a tap tat ca cdc s6 thuc y sao cho tmg v6i moi
y ton tai ding 6 s6 nguyén z thdéa man (39522’” — 27) (53“2 — y) < 0. Téng m +n+p bang

@m+n+p:46. m—l—n—i—p:66. ©m+n+p:14. @m+n+p:30.

Cau 94. Cho phuong trinh log, 4+ log% <\/ 2 +ar+2+ 4) log, (:1:2 +ar+ 5) =0. Goi S la tap cac

gid tri nguyén ctia tham s6 a dé phuong trinh c6 nghiém duy nhat. Téng cic phan tit ctia S bang
A) 2. B) 3. (©) 4. D) 0.
Cau 95. C6 bao nhiéu gid tri nguyén ciia tham sé m dé bat phuong trinh
logg <x2 +4max + 12m) < logg (1:2 +4x + 12) .logg (x2 +8x + 24)
nghiém dung v6i moi x € R?

A) 2. B) 3. ©) 1. D) .

Cau 96. Cho ham s6 f(z) = —2° + 3z va g(z) = |f (2+sinz) +m| (m 1a tham s6 thuc). C6 bao

nhiéu gia tri ctia m dé mﬂgxg(x) +mﬂ§ng(m) =507

@) o. ®) 1. ©) 2. D) 3.
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Cau 97. Cho ham s6 y = f(x) ¢6 dao ham cip hai lién tuc trén R. Hinh vé bén duéi 1a do thi cia
ham s6 y = f'(z) trén (—o0;2], do thi y = f(x) trén doan [—2;3] va do thi y = f”(x) trén [3;+00).

y

y = f'(z) y = f"(x)

S6 diém cuc tri téi da ctia ham s6 y = f() 1a
@A) s. B) 6. (©) 3. D) 7.

Cau 98. C6 bao nhiéu sé nguyén a sao cho tmg véi méi a, ton tai sd thue b > a thoa man 4% =2°+b

va doan [a;b] chitta khong qua 5 s6 nguyén?
@A) 5. B) 10. (©) 6. D) 11.

Cau 99. Cho ham s6 y = f(z) c6 bang bién thién cia ham s6 y = f'(z) nhu sau.

T —00 -2 —1 0 1 3 400

+00

o
~

—4

O <----A
o

Tinh tdng tat ci cac gid tri nguyén m € (—8;8) dé ham s6 y = f(3z — 1) +2° — 3(m — 1)x +m dong
bién trén khoang (—2;1).

(A) —33. B) —39. (©) —22. (D) —25.

Cau 100. Cho ham s6 bac bon y = f(x). Biét ham s6 y = f'(1+2) ¢6 do thi nhu hinh vé. C6 bao
nhiéu s6 nguyén duong m sao cho g(z) = f (—xQ +2x — 2022~|—m> dong bién trén (0;1)?

Y

5y

(A) 2023 (B) 2021. (C) 2022. (D) 2024.
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Cau 101. Cho ham 86 y = f(z) c6 dao ham la f'(z) = (91;2+9x) (xZ —9), v6i moi x € R. Cé bao
nhiéu gid tri nguyén ciia tham s6 m dé ham s6 g(x) = f (‘1‘3 —1—31" +2m — m2) c6 khong qua 6 diém

@2 B) 5. (©) 4. D) 7.

Cau 102. C6 bao nhiéu s6 nguyén duong a sao cho tmg v6i mdi a, c6 khong qué 20 sé nguyén b
thoa man 2% +4.6° < 20+H0+2 4 307

(A) 33. B) 32. (C) 31. (D) 30.

Cau 103. Cho ham s6 y = f(z) c6 dao ham f'(z) = 22+ x — 6. C6 bao nhiéu gia tri nguyén ctia m
dé hamsb y = f (ac3 —32% -9z + m) c6 ding 6 diém cuc tri?

a7 B) 8. ©) 9. D) 10,

Cau 104. Tim s6 gid tri nguyén cia tham sé m dé ton tai cdc s6 thuc z, y théa man
2 2
eT +y —m+em+y+xy—m:x2+y2+x+y+xy_2m+2

@o. ® 7. © . D) 8.

Cau 105. Sb gia tri nguyén ctia tham sé m dé phuong trinh (m2+ 1) logga: —10log, z+m =0 cb
hai nghiém phan biét khong nho hon 1 la

@A) 4. B) 2. ©) 1. D) 3.

Cau 106. Cho ham s6 y = f(x) lién tuc trén R va c¢6 bang bién thién nhu sau

T —00 -2 —1 0 1

_|_
g

|
(e
+
+

+
8

\

O <= — |- -

\
L
;
\

C6 bao nhiéu gia tri nguyén ctia tham sb m dé phuong trinh f[f (|z+1]—2)] =m c6 10 nghiém
phan biét thuoc doan [—3;3]?

@) 3. B) 4. ©) 2. D) 1.

Cau 107. Cho ham s6 f(z) = 2® — 322 + 3z — 1. Biét ham s6 g(z) = az’ + b2® + ¢ (a,b,c € R,a # 0)

nhan r = 1 1a diém cuc tri. S6 diém cuc tri cia ham s6 y = g (f(z)) 1a

@A) . B) 6. ©) 4. D) 3.
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Cau 108. Cho ham s6 da thitc bac bén y = f(z) c6 do thi ham s6 y = f'(z) nhu hinh vé

L

Y

N

Tong céc gia tri nguyén ciia m dé ham sé y = f (Jo — 1| +m —9) cé ding 3 diém cue ticu 1
(A) 40, 34. (C) 24. (D) 30.

Cau 109. C6 bao nhiéu sé nguyén duong = sao cho ting v6i moi gié tri ctia x c6 ding 11 sb nguyén
y thoa man bat phuong trinh (2y — x2> (5Y —x—1) <07

(A) 55. B) 34. (C) 130. (D) 88.

Cau 110. Cho ham s6 y = f(z) c6 dao ham trén R. D6 thi ham s6 y = f/(—z) dudc cho bdi hinh

ve sau:

Diéu kién ctia tham s6 m dé bat phuong trinh f ( 2 — 22 ) <m nghiém ding v6i moi z € {—\/5; \/ﬂ

N—

la
@me(O). m<f(\/§). @mEf(\/ﬁ). @m>f(\/§>

Cau 111. Cho a,b,c > 1 théa man 6logy,,c > 1+ logy,c.log, ¢ va biét phuong trinh & = g% c6
m++/n
p

trong d6 m, n, p la cac so

nghiém. Gié tri 16n nhat ciia biéu thic P = log, (21)62) bang

nguyén duong va s phan s t6i gian. Gia tri ciia m+n+p bang
p
(A) 48, B) 60. (C) 64, (D) 56.
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Cau 112. Cho d6 thi ctia ham s6 y = f(z) = az* — b*2% + ¢ (a,b,c € R) 1a dudng cong nhu hinh vé:
| Wi

2

5 —!Jl 2 -'E
-1
2

Sb cac gia tri nguyén ctia m dé phuong trinh z f (\/E) = (2m+2)2? — (m - 5) x —1 ¢6 hai nghiém

x,, T, théa man z, <1 <x,?
@A) 2. B 1. (©) 5. D) 4.

Céau 113. Cho a, b 13 hai s6 thay d6i théa man a > 1, b>1va a+b=12. Gid st x,, 7, 1a hai nghi¢m
ctia phuong trinh log, x.log,x — log, x —log,x — 1 = 0. Gi4 tri 16n nhat ctia bic¢u thic P =z, .z, 1a

(A) Poax = 39. Prnax = 36. (C) Paax = 32. (D) Puax = 45.

Cau 114. Cho ham s6 f(z) c6 dao ham f'(z) = (x+1)2 (552—455). C6 bao nhiéu gia tri nguyén

duong ctia tham s6 m dé ham s6 g(z) = f (2:172 — 12x+m> c6 ding 5 diém cuc tri?
A) 17, B) 18. (C) 16, D) 19.

Cau 115. C6 tit ca bao nhiéu cip sb nguyén z va y sao cho ding thitc sau théa méan

21101
logager (47— 2771 +2022)" T =20y +1

A) 2. B) 3. ©) 1. D) 0.

Cau 116. Cho ham sb f(z) c6 bang bién thién nhu sau:

T —00 —4 —2 0 400

f'(x) — 0 + 0 — 0 +

) \/\ /

C6 bao nhiéu gia tri nguyén ciia m dé phuong trinh 5 f2 (:1:2 — 4x> —(m+5)f (mQ — 4$> +m =0 co
ding 8 nghiém thuc phén biét thudc khodng (0;+00)?

(A) 6. B) 5. (©) 4. D) 7.
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Cau 117. Cho ham s6 y = f(z) ¢6 dao ham f'(z) = 2% (z+2)* (z +4)® {x2+2(m+3)x+6m+ 18].

Cé tat ca bao nhiéu gid tri nguyén ctia m dé ham s6 f(z) c6 duy nhat mot diém cuc tri?
A) 6. B) 8. © . D) 5.

Cau 118. C6 bao nhiéu s6 nguyén m dé phuong trinh logs (3% +2m) = logs (3x — m2> c6 nghiém?
(A) 4. B) 3. (©) 5. D) 2.

Cau 119. Cho ham s6 y = f(z) c6 dao ham trén R va f'(z) = (z+1)(z —2). Tinh tong tat ci cic

gi4 tri nguyén cta m dé ham sé y = f (‘2333 — 32?2 — 12x+mD c6 nhiéu diém cuc tri nhat.

(A) 132, B) 143. (C) 286. (D) 253.

Cau 120. C6 bao nhiéu cip sé nguyén duong (x;y) théa man 2.3Y +y = 2x — 1 +logs (22 + 3Y) voi
1 <ax<20227

A 6. (B) 2021. (C) 2022. D) 5.

Cau 121. C6 bao nhiéu s6 nguyén b sao cho ting véi mdi b c6 khong qua 10 sé nguyén a thoéa man
330,4—2 _|_9b—1 < 30, (30,—2 —|—9b+1)?

(A) 18, B) 23. (C) 20. (D) 22.

Cau 122. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh sau.

z —00 0 4 400
Y + 0 - 0 +
4 +00
Y
—00 1

C6 bao nhiéu gia tri nguyén ctia tham s m dé cho ham sé y = f (x?’ — 322 —|—m> c6 3 diém cue ticu?

(A) 6. B) 8. © . D) 5.

Cau 123. Cho ham s6 y = f(z) ¢6 dao ham f'(z) = 42® — 16z va f(1) = —4. Goi k 1a s6 diém cuc
- ) 2 Y
tieu cia ham so g(x) = {f (x2>} +1. Tinh gid tri bidu thic T = k% + 2k — 3.

(A) T =5 B) T =12 (© T=21. (D) T = 60.

log. =

z 2 Z —_— E
Cau 124. C6 bao nhiéu s6 nguyén y € [—2022;2022] dé bit phuong trinh (5z)%" - > 5101087 ¢
nghiém ding véi moi s6 thuc x € (1;25)?

(A) 2022. (B) 2023 (C) 4044. (D) 4026.
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Cau 125. Cho ham s6 y = f(x) c6 dao ham trén R va c¢6 bang bién thién sau

x —00 -2 2 400
Y/ — 0 + 0 —
+00 3
Y
) —00

C6 bao nhiéu gia tri ciia tham sé m dé phuong trinh =m c6 3 nghiém thuc phan

bigt?
@A 1. B) 2. (©) 3. (D) 4.

Cau 126. Tim tat c& cac gid tri thuc cta tham s6 m dé bat phuong trinh
1— log% (3:2 + 1) > log, (mx2 +4:c+m) c6 tap nghiém la R.

(A) —2<m<5. B) —2<m<?5. (©) 2<m<5. D) 2<m<5.

Cau 127. C6 bao nhiéu cip s6 nguyén (z;y) véi x va y nhan gid tri trong doan [0;2022] sao cho
y—x—2>0va4.2"—-2Y4+3(x—y)+6>07

(A) 2022, (B) 2021. (C) 2020. (D) 2023.

Cau 128. Cho ham s6 y = f(x) c6 do thi nhu hinh vé.
Ay

1
f@) -4 F@)+6

3

) . ) 11
Trong doan [—20;22] c¢6 bao nhiéu s6 nguyén m dé ham so y = ‘lOf(:v —m)— —m?+ 3™

3

c6 3 diém

cuc tri?
A) 32. (B) 40. (©) 36. (D) 38.

Cau 129. C6 bao nhiéu sé nguyén duong y sao cho ting v6i moi y, c6 ding bén sé nguyén duong x

2:13'
T 9t a(1—y) <O?

Y

@A) 4. ®) 2. © L D) 3.
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Cau 130. C6 bao nhiéu s6 nguyén duong y sao cho tmg v6i mdi s6 y dé bat phuong trinh
3 2
x° =3z +x—3
27—y

(A) 499. (B) 498. () 512. (D) 511.

Cau 131. Cho bat phuong trinh 1+ 322+ (m+5)z+m+ log, (xQ +2x+ m) > 323 + 2log, (4 —2)

v6i m 1a tham s6 thic. C6 bao nhiéu gid tri nguyén ctia tham sé m dé bat phuong trinh da cho c6

< 0 c6 nghiém nguyén = va sé nghiém nguyén z khong vugt qua 5?

dung hai nghiém nguyén z?

@o. B) 8. © . D) 10.

Cau 132. Cho ham s6 f(z) 1a ham da thtic bac nam. Biét ham s6 y = f'(x) c¢6 do thi nhu hinh vé
bén. C6 bao nhiéu gia tri nguyén clia tham sé m dé ham s6 g(z) = 2021/ (+*=3"+m) | 9099 ¢ 8 diém
cuc tri?

| W]

=Y

(A) 4. ®) 3. ©) 2. D) 1.

Cau 133. Chocadchamsdy = f(z), y=f(f(z)),y=f (:cz +2x — 1) c¢6 do thi lan lugt 1a (C,), (C,),
(C,). buong thang = = 2 cit (C), (C,), (C,) lan lugt tai A, B, C. Biét phuong trinh tiép tuyén ctia
(C)) tai A va (C,) tai B lan lugt 1a y = 2243 va y = 8z +5. Phuong trinh tiép tuyén cta (C;) tai
C la

(A) y = 24 —27. B) y =12z +3. (©) y=dx+1. (D) y = 8z —9.

Cau 134. Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

T —00 -2 0 2 +0o0

f(z) + 0 - 0 + 0 -

| N TN

Cé bao nhiéu gia tri nguyén ctia tham sé m dé ham s6 g(z) = f (fQ(x) —2f(x)— m) c6 diang 25 diém

cuc tri?

(A) 188 B) 187. (C) 189. (D) 190.
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Cau 135. C6 bao nhiéu cip s6 nguyén duong (z;y) véi x < 2020 thoa man diéu kién

2
10g2i+x2+4x:4y2+8y+1
y+1

(A) 1010. (B) 4040. (C) vo . (D) 2020.

Cau 136. Cho ham s6 y = f(x) c6 dao ham lién tuc trén R. Ham s6 y = f'(x) ¢6 d6 thi nhu hinh vé.

C6 bao nhiéu sé nguyén m € [—2022;2022] dé ham s6 g(x) = ’2f2(x) +3f(x) +m’ c6 diing 5 diém cuc

tri, biét phuong trinh f/(x) =0 c6 ding hai nghiém phan biét, f(a) =1, f(b) =0, ll)gl f(z) =4
x o

va mll)l}l@f(l’) = —00.
0 a\_/b s
(A) 2018 (B) 2019. (C) 4044. (D) 2020.
A / 9N .z . A 2 .y . 9 2 5 N 2 1:2 +mx — 2
Cau 137. C6 bao nhiéu gia tri nguyén m € [—20;20] dé gia tri nhé nhat ctia ham s6 y = — 1
x JR—

trén doan [0;2]\{1} dat gid tri nhé nhat?
(A) 20. B) 21. (©) 19. (D) 22.

Cau 138. C6 bao nhiéu bd s6 nguyén (z;y) théa man dong thoi cdc dieu kién 0 < z,y < 2022 va

Ty 3r+1
Y ) < (3u+3y—ay—9)] ?
y+18>_( vy )Og3<x—3>

(A) 2020. B) 3. (C) 4038. (D) 6057

Cau 139. C6 bao nhiéu gia tri nguyén duong ciia tham sd m dé tap nghiém ctia bat phuong trinh
(3x+1 — \/g) (3% —2m) < 0 khéc rong va chtta khéng qua 5 s6 nguyén?

(A) 281. (B) 143. (©) 121. (D) 243.

Cau 140. C6 bao nhiéu cip s6 (z;y), trong d6 x,y € N* sao cho bat phuong trinh sau luén ding
(3y— 2y +2)log, (1+ vz +¥/x) > (y+1)log, V&

(A) 4012, (B) 4095. (C) 5406. (D) 3684.

Cau 141. Cho ham s6 y = f(z) ¢6 dao ham f'(z) = (1—=z) (xQ - 5$+6), Va € R. Héi ¢6 bao nhiéu
gia tri ctia tham s6 m € [0;5] (véi 2m € Z) dé ham s6 g(z) = f (mQ — 2|z —2] —4x+m+3> c6 ding

9 diém cuc tri?

A) 5. B 7. ©) 6. D) 3.
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Cau 142. Cho ham s6 y = f(r) xac dinh trén R va ham s6 y = f/(x) c¢6 do thi nhu hinh bén. Dat
g(x) = f (Jz| +m). C6 bao nhiéu gid tri nguyén ciia tham sé m dé ham sé g(x) cé ding 7 diém cuc
tri?

AN

@A) 3. B) 4. ©) 2. D) 1.

Cau 143. C6 bao nhiéu gia tri m € Z dé phuong trinh logg r—2(m+1)log, x+m+7=0 c6 2 nghiém

z,, T, thoa diéu kién log, x,+log, x, =10.

@) o. B 1. (C) Vo . D) 2.
V2 +1

. Tim gi4 tri nho nhat ciia biéu
r+1

CAu 144. Cho z,y 13 hai s6 thoéa man 22 +2z —y+1= log,
thitc P = e* 1 4422 — 2y + 1.

@ ; —;- © 1. D) -1.

Cau 145. Cho ham s6 bac ba y = f(x) c¢6 dd thi nhu hinh vé. Tong tat ca céc gid tri nguyén clia
) . 2 1 2

tham s0 m thudc doan [—6;6] dé ham so y = §f3($) +mf2(x) — 3f(x) +2 nghich bién trén (—1;1)

bang

=

A)o. B) -21. (©) —15. (D) 21.

. 1 3 .
Cau 146. Cho ham s6 f(z) c6 dao ham f'(z) = 5902 —2r+ 2 va f(0) =0. C6 bao nhiéu so nguyén

m € (—2021;2022) dé ham s6 g(z) = ‘f2(1:) +2f(x) —|—m‘ c6 ding 3 diem cuc tri?
(A) 2022. (B) 2020. (C) 2021. (D) 4042.

Cau 147. C6 bao nhiéu cip sb nguyén (z;y) thoa man 2.3°71 —log, (BI_2+2y) =6y—x+1 va
202271 < y < 20227

@) 15. B) 6. ©) 13, Ok
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Cau 148. Cho phuong trinh log, (m—l— \/m—|—2022f”) = 27 v6i m 1a tham s6 thuc. C6 bao nhiéu
s6 nguyén m thudc nita khoang (—oo;20] dé phuong trinh da cho c6 nghiém thuc?

(A) 21. B) 20. (C) 23. (D) 22.

Cau 149. Cho ham da thtic y = f(x) c6 bang bién thién ctia ham s6 f(3x + 1) nhu sau

T —00 —2 1 +00
3 3
f’(3:1:'—|—1) + 0 — 0 +
2 +00
f(Bx+1)
—00 -1

Goi S 1a tap hop tat ca céc gid tri nguyén ctia tham s6 m sao cho ham s6 y = f (’2x3 —32% — 122+ m‘)

c6 nhiéu diém cuc tri nhat. Tinh tong tat cd cdc phan tit ciia tap S.

(A) 138 B) 148 (C) 143. (D) 168.

Cau 150. Cho ham s6 y = f(x) lién tuc trén R va c6 dao ham f/(z) = (v — 1)2022 (x2—5x+6>,
Va € R. Cé bao nhiéu gid tri nguyén ctia tham sé m € [—10;10] dé¢ ham s6 g(z) = f (:1:2 +4xr—m—+ 1)

c6 5 diem cuc tri?
(A) 15. B) 14. (C) 16. D) 17.

Cau 151. C6 tat ca bao nhiéu gia tri nguyén ciia tham s6 m thudc khodng (—6;6) dé do thi ham

s6y = ’a:4 —2ma? — 3‘ c6 ding ba diém cuc tri A, B, C' va dién tich tam gidc ABC 16n hon 3?7

@1 B3 ©> op
51’
57 +5
4 4 E_ . e s 2, .2 , 9239
f(a +0b 3ab>+f 2 1) <1. Tim gia tri 16n nhat ctia bieu thitc P = a“b” +
a

Cau 152. Cho ham s6 f(x) = Goi a,b 1la cac sb6 thuc duong théa man

16
a?+b%2+2

8 20 16 25
@3 ® 5 5 5

Cau 153. Mot dé thi trac nghiém gom 50 cau héi doc 1ap. Mai cau héi ¢6 4 dap an tra 16i, trong
d6 chi c¢6 mét dap an ding. Mbi cau tra 16i ding dude 0,2 diém, cau tra 16i sai duge 0 diém. Hoc
sinh A lam bai bang cach chon ngiu nhién cau tra 15i cho tat ca 50 cau hoi. Biét xac suat lam ding

k cAu hoi cia hoc sinh A dat gia tri 16n nhat, khi d6 gid tri ctia k bang

(A) 11, B) 10. (©) 13. D) 12,
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222 4 5y?

=5+ 2xy — 202 — 5y2. Biét rang
242y

Cau 154. Cho z,y 1a céc s6 thuc duong théa man log,
20—y +

2 . . S
dat gia tri 16n nhat khi x =m; y =n. Gia tri ctia tong m +n bang
r—2y+4

(A) 4. B 1. (©) 3. D) 2.

Cau 155. Cho ham s6 f(z) = az® +bx? + ¢ ¢6 dd thi nhu hinh vé. Biét mién t6 dam cé dién tich

biéu thitc P =

S 4 . s . 2 .
bang T va diem B c¢6 hoanh dd bang —1. SO gié tri nguyén cua tham s6 m thudc doan [—3;3] dé
ham s6 y = f (m —3%) ¢6 ding mot diem cuc tri 1a

Y

|
A

-1 [@] T

@1 B 6. ©) 2. D) 0.

Cau 156. Cho ham s6 f(z) x4c dinh, lién tuc trén R va c6 do thi nhu hinh vé.

C6 bao nhiéu gid tri nguyén cita tham s6 m € [—10;10] dé ham s6 g(z) = f*(z) — mf(z) +4m? — 3

c6 ding 5 diém cuec tri?
(A) 14, B) 13. (C) 15, D) 16.

Cau 157. C6 bao nhiéu gia tri nguyén b > 1 dé véi moi gia tri ciia b c6 ding 5 s6 nguyén a € (—10;10)
2a% +3a+b <

thoa man log, a®>—6a+7—b

a?—a+2

(A) 16. B) 15. ©) 9. (D) 10.

) - 2-3 2
Cau 158. S0 gia tri nguyén m € [—20;20) de bat phuong trinh (17— 12\/5) TS (3—1— \/g)mx co

nghiém la

(A) 24, B) 22. (C) 23 D) 21.
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Cau 159. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh vé:

z —00 —1 2 +00
f'(z) + 0 — 0 +
5 +00
()
—00 -3

S6 gid tri nguyén ciia tham s6 m dé ham s g(x) = f[f(x) —m+1] c6 ding 6 diém cuec tri 1a

A s. B) 10. (©) 6. D) 12,

2021
) , Vx € R. C6 bao nhiéu

Cau 160. Cho ham s6 y = f(x) c6 dao ham f'(z) = (2—x) (x3 —2>—m
, , ) 1

gid tri nguyén cua tham s6 m € (—2021;2022) dé ham so g(z) = f (x2 - 2) + 5:1:4 — 42 42022 ¢6

ding 5 diém cuc tri?

(A) 2030. (B) 2031. (C) 2032. (D) 2033.

Cau 161. C6 bao nhiéu s6 nguyén duong y nhé hon 500 sao cho ting véi mdi y ton tai it nhat 9 sb
V2y+1 0

241
(A) 210. B) 211. (©) 212. (D) 213.

Cau 162. Cho ham s6 f(z) c6 bang bién thién nhu sau:

nguyén z thoéa man bat phuong trinh z* + 222 —y+1 < log,

T —00 —1 0 2 +oo

f(z) - 0 + 0 - 0 +

NN

C6 bao nhiéu gia tri nguyén m dé ham sé y = ‘f (|22 +4]) + 2022+ %

(A) 11. B) 13. (©) 12. (D) 14,

. 1
Cau 163. Cho ham s6 f(z) thoa man f'(z) = (22 +1) /@) v6i moi z € (2;+oo> va f(1)=1.C6
bao nhiéu gia tri nguyén Am ciia tham s6 m dé bat phuong trinh 3% > (f(x) —m)In3 nghiém ding
1
v6i moi x € (2;+oo>?
@1 ® 2 ©s D>
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, , 30—
Cau 164. Goi m 13 gid tri nhé nhit ciia ham s6 f(x) = M”gx“ (a € R) trén doan [2;1]. Hoi

c6 bao nhiéu sd nguyén duong a dé m > 167?
(A) 10. B) 9. ©) 5. (D) 4.

Cau 165. Cho ham s6 f(z) c¢6 dao ham lién tuc trén R, biét ham s6 g(x) = f (xs —3z+ 1) c6 do
thi nhu hinh veé.

=Y

Ham s6 f (x3 — 32?2 +3) dong bién trén khoang nao dudi day?
(A) (0;2). (2:3). (©) (-1;0). (D) (3;5).

Cau 166. Xét cac s6 thuc x,y théoa man vV +1++y+1=3 (z,y>—1). C6 bao nhidu gid tri

nguyén ctia tham sé m dé gia tri nhé nhat bicu thitc P = |z — 2y +m/| bang 0?
@A) 16. B) 17. (©) Vo 6. (D) 28,

Cau 167. Cho ham s6 bac bén y = f(x). Do thi ham s6 y = f'(z) nhu hinh vé.
AV

A= — = = =

Rl —m == = = = = =

&Y

Hoi ham s6 g(z) = f(x+1) — 2% — 22 ddng bién trén khodng nio trong céc khodng sau?

(A) (—o0;-2). (0;+00). (©) (-1;0). D) (-2;-1).
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) 2 4 3 P p
Cau 168. Cho ham so f(z) = 5x5 — %fl + %Hx3 — (m+T7)z?, m 1a tham s6. C6 bao nhiéu sb

nguyén m dé ham s6 g(z) = f (|z|) c6 ding 1 diém cuc dai?
A) 17. B) 16. (©) 13. D) 12,

Cau 169. Cho ham s6 y = ‘ 2_2m+3)z+m?+ Bm‘ —ma. Biét rang tap hop céc gid tri ctia tham

s6 m d¢ ham s6 da cho c6 ding 3 diém cuc tri 14 T = (a;b). Tinh gia tri ctia a+b.
1
@a+b:§' a—l—b:2. @a+b=0. @a—i—bzl.

Cau 170. C6 bao nhiéu s6 nguyén z thudce doan [1;2022] sao cho v6i méi s6 nguyén z c¢6 khong qua

7 s6 nguyén y thoa man y+log, (y - x2> <z +101 —log, (?J9—890>

(A) 2012, (B) 2020. (C) 2013. (D) 2021.

Cau 171. Cho a,b la céc s6 nguyén duong nhoé hon 2022. Goi S 1 tap cac gid tri clia b sao cho v6i moi
gi4 tri ctia b ludn c6 it nhat 100 gid tri khong nhé hon 3 clia a thda man (2“% - 2b*“) log, b>4>—1,
dong thoi cac tdp hop c¢é b phan tit ¢ s6 tap con 16n hon 1024. S6 phan ti ciia tap S 1a

(A) 2021. (B) 1911. (C) 1921. (D) 1912.

. 2
Cau 172. Cho ham so y = f(z) = §x3 —x+log, m. C6 bao nhiéu gia tri nguyén duong ctia m thudc
doan [1;20] dé phuong trinh f(f(z)) —2 =0 c6 3 nghiém phan biét?

A 1. B) 4. ©) 2. (D) 20.
Cau 173. C6 bao nhiéu cip s6 nguyén (z;y) v6i 0 < x < 2022 thdéa man diéu kién
3(9Y +2y) =z +log, (a:+1)3—2
@A) 3. B) 2. (©) 5. (D) 4.

Cau 174. Cho ham s6 bac ba y = f(z) c6 bang xét dau dao ham f'(x) nhu sau:

T —00 0 3 +o0

f'(z) + 0 - 0 +

C6 bao nhiéu gid tri nguyén ctia tham s6 m thudc doan [—100;2022] dé ham s6 g(z) = f (‘21:5 + 390‘ + m)

c6 ding 5 diém cuc tri?
(A) 100. (B) 2123. (©) 101. (D) 2022.

Cau 175. C6 tat ca bao nhiéu s6 nguyén duong y sao cho ting v6i mdi y ton tai it nhat 1011 sb
nguyén z thuoe (0;2022) théa man 47T + 223 < (22 +1)4Y 422 (4% —1)?

(A) 10. B) 8. ©) 9. (D) 505.
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Cau 176. Cho ham s6 y = f(z) c6 dao ham 1a f/'(z) = (z—1) (x2 —4) (z+10), Vo € R. C6 tat ca

bao nhiéu gid tri nguyén ctia tham sé m dé ham s6 g(x) = f (\x!3 +3|z| — 3m—m2> c6 ding 7 diém

@3 B) 4. (©) 6. D) 5.

Cau 177. Cho ham s6 y = f(x) c6 bang bién thién trén doan [—4;4] nhu sau

x —4 -3 -1 0 2 4

f(z) + 0 - 0 + 0 - 0 +

| NN

C6 bao nhiéu gia tri tham s6 m € [—4;4] dé gid tri 16n nhat ctia ham s6 g(z) = f (!az\g +3|x|) + f(m)

s 11
trén doan [—1;1] bang 5

@s. ® 2 ©) 4. D) 3.

Cau 178. Goi S 1a tap hop cac sd nguyén y sao cho v6i mdi y € S c¢é ding 10 s6 nguyén x thda man
3Y7% > log, (x —|—y2). Tinh téng sd phan tit thuoe S.

A 1. ®) 7. (©) —4. D) —1.

22 +4

Cau 179. Goi S 1a tap nghiém ciia phuong trinh (3 —z)log, = 23 — 822+ 182 —9. S6 phan tit

ctia tdp S bang
@A) 2. B) 5. (©) 3. D) 4.

Cau 180. Cho ham s6 bac bén y = f(x) c6 do thi ham s6 y = f/(x) nhu hinh vé.

AY

|

[~

S
et [

=

Ham s6 g(z) =4f ($2> +z* ¢6 bao nhiéu diém cuc tidu?
@) 3. B) 2. (©) 5. D) 4.
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Cau 181. Cho ham s6 f(z) = az® +bz® + cx +d c6 Ao thi nhu hinh vé sau

AY

4

R
m—>5

C6 bao nhiéu gid tri nguyén ciia m € [—2022;2022] dé ham s6 h(z) = ‘fQ(:C—l— D+2f(x+1)+ 5

c6 ding 3 diém cuc tri?
(A) 2022. B) 2012. (C) 2020. (D) 2008.

Cau 182. Goi S 1a tap tat ci cac gia tri thuc clia tham sb m sao cho gid tri 16n nhat ciia ham sb
f(x) = ’xz +x+m‘ 43z +1 trén doan [—3;0] bang 6. Tong tat ca cdc phan tit ciia tdp S bang

(A) 4. B) 1. (©) 3. D) .
Cau 183. C6 bao nhiéu cip sb thue (7;y) thda man log, (4"” —ortl —|—6)y2+26 =10y+17
(A) 4. B 1. (©) 3. (D) Vo sb.

Cau 184. Xét cac sd thuc z,y va £ > 0 théa man

1

T+3y ry+1 _ —zy—1
2022 + 2022 +x+1=2022 + 20207+3y

—y(z+3)

Goi m 1a gid tri 16n nhat ctia biéu thitc T =4 — 2 — 2y. Ménh dé nao dudi day ding?

(A) m e (2;3). (B) m € (5;6). (©) m e (4;5). (D) m € (3;4).
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B. PAP AN TRAC NGHIEM

1. A2 Cc]3 B4 All5. BJl6e. B|[7. DJ[s. C][9. D]l10. C |
[11. D J[12. A ][13. C ][14. A |[15. A |[16. A |[17. A |[18. D [[19. D |[20. D |
21. D |[22. D[23. A ][24. D |[25. B |[26. B |[27. D |[28. A |[29. A |[30. B |
3. B |[32. A[33. B |[34. A |[35. A |[36. D|[37. D][38. B |[39. C |[40. D |
[41. A |[42. C|[43. C |[44. C |[45. C |[46. C |[47. C |[48. B |[49. D |[50. A |
151. C |[52. D |[53. D |[54. A |[55. D |[56. A |[57. D |[58. A |[59. B ||60. A |
61. B ||62. C ||63. C|l64. B ||65. A |[66. A |[67. C |[63. B |[69. A |[70. B ]
171. A ||72. C||73. A]l74. C ||75. D ||76. C |[77. A |[78. A |[79. A |[80. D |
181. A |[82. D|[83. B |[84. C |[85. D |[86. C |[87. A |[88. A |[89. C ]|90. C |
91. A ][92. D ]]93. A ]l94. A |[95. D |[96. C |[97. A |[98. D [[99. D |[100. A |
[101. B |[102. D |[103. D |[104. A |[105. D |[106. D |[107. D |[108. D |[109. D ||110. C |
[111. D |[112. C |[113. B |[114. A |[115. C |[116. B |[117. B |[118. B |[119. B ||120. A |
[121. B |[122. A ]|123. C |[124. A |[125. C |[126. D |[127. B |[128. D |[129. D |[130. A |
[131. A |[132. D ||133. A |[134. A |[135. A |[136. A |[137. B |[138. D |[139. C ||140. B |
[141. C |[142. C ||143. D |[144. B |[145. B |[146. C |[147. D |[148. A |[149. C ||150. A |
[151. A |[152. B ||153. D ||154. D |[155. A |[156. A |[157. B |[158. C |[159. B |[160. D |
1161. B ||162. B ]|163. A ||164. B |[165. D |[166. D |[167. D |[168. A |[169. C |[170. C |
[171. B |[172. C |[173. A |[174. A |[175. C |[176. B |[177. C |[178. D |[179. C ||180. B |
[181. B |[182. D ||183. B |[184. C |
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A. CAU HOI

. 1
Cau 1. Cho ham s0 f(z) lién tuc trén khodng (0;+00) va théa man 2f(x)+xf () = x v6i moi
x

x> 0. Tinh /f(x)dx

2
7 7 9
@ ® © ©
Cau 2. Cho ham s6 f(z) nhan gi4 tri duong, c6 dao ham lién tuc trén [0;2]. Biét f(0) =1 va
2.3 2\ ¢
x° =3z T
fo)f(2—2)= 24T g moi x € [0;2]. Tinh tich phan I :/ T )>f (@)
x
0

@1——— I——— @I:—156. @1:-136.

Cau 3. Cho ham s6 f(x) c6 dao ham lién tuc trén R théa man f/'(z) — f(z) = e” va f(0) =
Tinh f(1).

@ f(1)=e. ®) f(1)=2e. © f(1)=e+1. D) f(1)=e—1.

CAu 4. Cho ham s6 y = f(z) lién tuc, nhan gia tri duong trén (0;+00) va théa man f(1) = e,
f(z) = f'(z)v/3x +1 v6i moi x > 0. Ménh dé nao sau day ding?

(A) 3< f(5) <4. B) 11 < f(5) < 12. (©) 10 < f(5) <11, D) 4< f(5) <5

Cau 5. Cho ham s6 f(x) ¢ dao ham lién tuc trén R, théa man 2f(z) +xf'(z) = 3z + 10, Vo € R va

W~

dzx.

4
ln 24—\/ .
F(1) = 6. Biét /f 6700 ) gdv = aln5+bIn6++/cln (24 V3) véi a,b,c 1a s6 hitu i, Gid tri

ctia biéu thitc T = a + b+ ¢ thudc khoang nao sau day?
@) (1;2). (2;3). (©) (0;1). D) (~1:0).

Cau 6. Cho ham s6 f(x) lién tuc trén khodng (0;+o00) va f(z) # 0 v6i moi x > 0. Tinh tong
F) + f(2) + ...+ f(2022) biét rang f'(z) = 2z +1)f2(z) va f(1) = —

2022 2021 2021 2022
2023 ®) 2022 © T 2022 ) 2023
Cau 7. Cho ham s6 y = f(z) lién tuc trén (0;+o0) théa man 2z f'(z) + f(z) = 32>z, VY € (0;400).
) 1
Biét f(1) = 5+ tinh £(4)
(A) 16. B) 4. (C) 24. (D) 14.

CAu 8. Cho ham s6 f(r) c6 dao ham trén R, théa man f'(z)\/22+1=2z\/f(x)+1 Vz € R va
f(z) > —1. Biét rang f(0) =0, khi d6 f(2) c6 gia tri bang

@A) o. B) 4. ©) s. (D) 6.
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2 2
Cau 9. Cho ham so f(z) théa man f(1) =2 va (x2 + 1) f(z)= fz(x) <x2 — 1) v6i moi z € (0;+00).
Tinh gia tri f(3).

> - ©) 4. D) 5.

) 1 27 +1
Cflell 10. Cho ham so f(z) théa man f(1) = —3 va dao ham f'(z) = x4+g2€x—;+x2' Tinh gia tri cla
bieu thic P = f(1)+ f(2) + ... + f(2022).
2021 2022 2022 1
2022 ®) 2023 2023" ) 2022.2023"
e’ +m x>0

Cau 11. Cho ham sb f(z) =

5/ 3 3 (v6i m 14 tham s6). Biét ham sb6 f(z) lién tuc
x (x +1> <0

1
b b Z P 2
trén R va /f(x)dx =ae— - v6i a,b,c € N¥; - t0i gian (e = 2,718281828...). Bieu thiic a+b+c+m
c c
1
c6 gia tri bang
@A) —11. B) 35. (©) 13, (D) 36.

Cau 12. Cho ham s6 y = f(z) ¢6 dao ham x4c dinh trén [0;+o00) va théa man f(1) =e+1;
1

x {f’(w) —I—x} = (x+41)f(x). Biét rang /f(x)dx = %; trong dé a,b 1 cic s6 nguyén duong va phan s6

0

t6i gian. Khi d6 gid tri clia 2a+ b tuong ting bang
@) s. B) 8. (©) 4. D) 7.

32%In(z+1)  khiz> O‘ Bkt /ef(ln:v)
1

22v/22+34+1 khiz <0

a,b,c € R. Gi4 tri cia a + b+ 6¢ bang
(A) 35. —14. (©) —21. D) 18,

Cau 14. Cho ham s6 y = f(z) lién tuc trén R\{—2;0} théa man z (z +2) f'(x) +2f(x) = 2* + 2z va
f(1)=—61In3. Biét f(3) =a+bln5 (a,b € R). Gia tri a — b bang

(A) 20. B) 10. 130. 230.

SallS

Cau 13. Cho ham sb f(z) = dz = a3 +bln2+ ¢ véi

X

1
Cau 15. Cho ham s6 f(z) lién tuc trén [0;1] thoa man f(z) = %+ 12/x2f (ﬁ) dz. Gid tri cla
0
1
]:/f(x)dx bang
0

® -3 © D

Wl o
DN o
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Cau 16. Cho d6 thi hai ham s6 y = f(x) va y = g(x) nhu hinh vé&. Biét do thi ctia ham s6 y = f(x)
13 mot parabol dinh I ¢ tung d6 bang —3 va y = g(z) 1a mdt ham s6 bac ba. Hoanh d6 giao di¢m
ctia hai d6 thi 1a z,,z,,z, théa man z,.z,.x, = —6. Dién tich hinh phang gi6i han béi 2 d6 thi ham
s6 y = f(x) va y = g(r) gan nhat v6i gia tri nao dudi day?

-1. A

y=glix)

@e. ® . ©) 5. D) 8.

2 1
Cau 17. Cho ham s6 f(z) = 2+ az® + bz + cx +d (a,b,¢,d € R) thoa man mlénf”(x) =f" () vay

4
J;(_Ti)l Biét do thi ham s6 y = g(x) c6 ba diém cuc tri 1a A (m;g(m)), B(0;9(0)),
T

C(1;9(1)). Goi y = h(z) 1a ham s béc hai c¢6 dd thi di qua ba diém A,C va D (2;b+5). Dién tich
hinh phéng gi6i han bdi hai dd thi ham s6 y = f(z) va y = (:c2 + 1) (h(z) 4z —1) bang
46 64 56 44
5 ® % 5 5

ham s6 g(x) =

%
Cau 18. Cho ham sb f(2) ¢6 dao ham lien tuc trén [0; ;T] théaman [ f(x)cos? s dr=2va f(0) =1.
0

g
Khi d6 /f(x)sin 22 dz bang

A 3? B) 5. (©) -3. D) 2.

2 1
Cau 19. Cho ham s6 f(z) théa man f'(z) — (224 3) f2(x) = 0 v6i moi = > 0 va f(1) = 5 Gia tri
ctia bicu thitc T = f(1) + f(2) + ... + £(2022) thudc khoang nao sau day?

@) (0:1). (—2;—1). (©) (~3;-2). D) (~1;0).

Cau 20. Cho hai ham s f(z) = az® +ba® 4+ ca® + 3z va g(z) = ma® +na® —x voi a,b,c;m,n € R.
Biét ham s6 y = f(z) — g(z) ¢6 ba diém cuc tri 14 —1, 3 va 4. Dién tich hinh phdng giéi han béi hai
dd thi ham s6 y = f/(z) va y = ¢/(x) bang

32 64 125 131

3 ® 7 T =
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Cau 21. Cho ham s6 f(z) théa man f (g) =1va f'(x) =cosx (GSiHQx— 1), Vz € R. Biét F(z) 1a

2 §
nguyén ham cta f(z) théa man F(0) = 3 khi d6 F' (g) bang
1 2
@ 3 —3 ©1 @o.
1

Cau 22. Cho ham s6 y = f(x) xac dinh va c6 dao ham trén R\{0;1} théa man f(2) = 2
f(z) #0 va :c{f’(a:)—2f2(x)} = f(x) [1—3x2f(x)} Vo € R\{0;1}. Gid tri ctia biéu thtec
P = f(2)+ f(3)+...+ f(2021) bang
2021 2020 2019 2021

@ 2022° 2021° @ 2020 @ 2020

Cau 23. Cho f(r) 1a ham s6 lién tuc trén R théa man f(x)+ f(2—1z) = xer, Vz € R. Tinh tich
2

phéan [ = /f(x) dz

0

@A) I=¢"—1. B) [=¢'—2. @I:etl. @1:2e2_1.

5
Cau 24. Cho ham s6 f(x) lién tuc trén R thoa man f (2% 43z +1) =z +3. Tinh / f(z) da.
1

(A) 192. B) 547. 547. (D) 196.

Cau 25. Cho ham s6 f(z) = az® + bz’ +cx — 4 va g(z) = dz® + ex + 2, (a,b,c,d,e € R). Biét rang dd
thi ham s6 y = f(z) vd y = g(z) cit nhau tai 3 diém c6 hoanh d6 lan lugt 1a —3; —1; 2. Hinh phang
gi6i han béi do thi hai ham s6 da cho c¢é dién tich bang
316 191 253 97
i ®) 5 T T
Cau 26. Cho ham s6 f(z) = az’ + b2 + ca® + dz +e, a # 0 va g(x) = ma® 4+ naz’® 4 pr +¢. DO thi cic
ham sé f'(z) va ¢/(x) cAt nhau tai 3 diém c6 hoanh d6 lan lugt 1a —3; —1 va 1. Biét f(0) = ¢(0),
3

f'(x) —g'(x)
f(x)—g d

bl
tinh / x.
| Fw)=gt)
2
37 49 23 63
In—. In—. In —. In—.
62 Y © g 195
‘ 1 N . .
Cau 27. Cho ham so y = f(z) = ézv?’ + ax? 4+ bz 4 ¢ c6 dd thi cit truc hoanh tai ba diém phan biét.
2 2 2 2 .
Biét ham so g(x) = [f'(x)} —2f"(x) f(z) + {f’”(x)} c6 ba diem cuc tri x, <z, <z, va g(z,) =2,
f(z)

g(x,) =5, g(x;) =1. Dién tich hinh phang giéi han béi dd thi ham sb h(z) =

va truc Oz
. g(x)+1 i
bang

@ ;lng. @ 1n26 @ In6. @ 2In6.
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1
Cau 28. Cho ham s6 y = f() lién tuc trén R va ¢6 do thi nhu hinh vé. Tich phan /‘f’(Qa: — 1)‘dx
0

bing

@s. ®) 4. ©) 2. D) 1.

Cau 29. Cho ham s f(z) lién tuc va théa man f(x) > 0, Vo € (1;3). Biét rang f(2) = o3 va
3
T3 (x) +1 = =3 f'(x)\/f(z), Yz € (1;3), khi d6 gia tri cta f (2) thudc khoang nao dudi day?

® (53) (03) © (53) D (51)

Cau 30. Biét do thi (C) ciia ham s6 f(2) = 2 +bx? +¢ (b,c € R) ¢6 diém cye tri 1a A(1;0). Goi (P)
1a parabol ¢ dinh I(0;—1) va di qua diém B(2;3). Dién tich hinh phang giéi han bai (C) va (P)

thudc khoang nao sau day?

(A) (0;1). (2:3). (©) (3;4). D) (1;2).

1
Cau 31. Cho ham s6 f(x) c6 dao ham lién tuc trén R. Biét f(5) =1 va /xf(5x)dx =1, khi do
0
5
/fo'(a:)dx bang
0

(A) —25. B) 123 (C) 23. D) 15.

Cau 32. Biét rang ton tai duy nhat bd so a,b,c € N* va — 1la phan s0 toi gidn sao cho
c

In8

et 42

In3 14e?
(A) (11;15). (1;5). (©) (16;20). (D) (6;10).
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%
Cau 33. Cho ham 86 y = f(z) c6 dao ham lién tuc trén {O; g] dong thoi théa man /fz(x)dx = 3m,
0

7 I
/(sinx —x)f (g) de=-2nrva f (;T) = 4. Gia tri ctia /f(x)sinxdx bang
0 0

8+5v/3 8+5v2 8—5v2 8—5v/3
@ = 3 © = D) =
Cau 34. Cho ham s f(z) lién tuc trén R théa man f(0) = —1 va f'(z)+ f(x) = ze 2, V2 € R. Khi
ds f(1) bang

@ 272, —2e 1, @ —2e72, @ —2¢2.

Cau 35. Cho ham s6 bac ba y = f(z) c6 do thi 1a dudng cong ¢ hinh bén duéi. Goi z,, z, lan lugt
1a hai diém cyc tri théa man z, =z, +2 va f(z,) —3f (z,) = 0 va do thi luén di qua M (z,; f (x,))
trong d6 ¥, =z, — 1; g(x) 1a ham s6 béc hai di qua 2 diém cyc tri ciia do thi ham s6 y = f(z) va

diém M. Tinh ti s6 ?1 (S, va S, lan lugt 14 dién tich hai hinh phang ducc tao béi d6 thi hai ham

f(z), g(z) nhu hinh Vé).

f(iﬂz);:

) 4 7 6
) B 5 5 5
. . ) 2 1
Cau 36. Cho ham s6 f(z) = 2> +az® 4+ bz (a,b € R). Biét ham sb g(z) = f(z) — gf'(x) + éf"(:(:) c

° 1 . 5 P
hai diém cuc trilax =1, x = 3 Véi moi ¢ 1a hang so tuy ¥ thude doan [0;1], goi S; 1a dién tich hinh
phang giéi han béi cac duong z =0, y = f(t), y = f(z) va Sy 1a dién tich hinh phang giéi han bai
cac duong y = f(z), y = f(t), y = 1. Biéu thitc P =851 +4S5 c6 thé nhan dudc bao nhiéu gid tri 1a

s6 nguyén?

A) 6. B) 4. (©) 2. D) s.
Cau 37. Goi (H) 1a hinh phéng giéi han béi cac duong y = (z — 3)2, truc tung va truc hoanh. Goi
ki ky (k, > k,) 13 hé s6 goc cita hai duong thang cliing di qua diém A(0;9) va chia (H) lam ba phan
c6 dién tich bang nhau. Tinh k, — k.

% 7 277 B
T ) T 5
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. 1 N
Cau 38. Cho ham sb bac ba y = f(z) = az® — §x2 + cx +d va parabol y = g(z) ¢6 d6 thi nhu hinh

. 3VO . R <
ve. Biet AB = \2/_, dién tich hinh phang gi6i han béi hai do thi y = f(x) va y = g(x) bang

LR AL LA

LN
o ‘ 2

&L

i

71 71 93 45
7} ® 5 T T
Cau 39. Cho ham s6 y = f(z). D6 thi ctia ham s6 y = /() trén [—5;3] nhu hinh vé.

Ay

& Y

. 22 N
Biet f(2) = 3 gid tri cta 2f(—5)+ f(1) bang

20 22 25
= -3, = =,
3 @ 3 3
Cau 40. Cho ham s6 y = f(x) ¢6 dao ham trén R théa man f(2z) —zf <x2) = 5z — 223 —1 v6i moi
2
z€R va f(1) = 1. Tinh tich phan I = /xf’(x)dx.
1

@A) 1=5 B) =2 (© I=-1. D) 1=3.
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. ) 1 , .
Cau 41. Cho dd thi ham sb bac ba y = f(x) = az> +ba® + 5@+ ¢ va dudng thang y = g(z) c6 dd thi
nhu hinh vé.
Al

f(z)

~F---Q

Ml — — — — — — = =

1 ]

Biét AB =5, dién tich hinh phang gi6i han béi cdc dd thi ham sé y = f(z), y = g(x) va hai dudng

théng z = —1, z = 0 bang
5

7 19 17

i ® 5 i 0]
Cau 42. Dién tich hinh phing giéi han béi d6 thi ciia hai ham s6 y = 23 + 222 — 2ma — 1 (m 1a tham
s6) vy = 3 + 22 4 3 dat gid tri nho nhét bing
31 28 32 29
3 B3 3 3

. 1

Cau 43. Cho hai ham sb y = f(z) = az® + ba* 4 cx — 3 vy = g(z) = de? +ex +1 trong d6 a,b,c,d, e
1a céc tham sb thuc. Biét rang hai dd thi d6 cat nhau tai cic diém c6 hoanh do lan luot bang —3;
—1; 2 (tham khao hinh v&). Dién tich hinh phing gi6i han béi hai dudng thing y = f(z) va y = g(z)
bang

125 63 253 253

e T e En

Cau 44. Cho ham s6 f(z) lién tuc trén R théa man f(x) = 2f(3x), V2 € R. Biét rang F 13 mot
nguyén ham ctia f va thda F(3) = 6. Gia tri ctia 3F(1) +2F(9) bang

@A) 5. ®) 30. © 3. 1.
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Cau 45. Cho ham s6 y = f(z) lién tuc, ¢6 dao ham trén R théa man f(0) = V2 va
2f(z).f'(x) =1+ (2x—|—1)e*f2(x)+x2+2’”+2. Tinh thé tich khéi tron xoay do hinh phing giéi han
béi céc dudng thang y = f(z), truc hoanh va hai dudng thing = =0, z = 1 quay quanh truc Oz.

@V—EW V——7r @V——W @V:117587r.

Cau 46. Cho ham s6 y = f(z) c¢6 dao ham f'(z) thda man (1 —i—xz) fl(r)—1=32" +422 Vr € R va
f(1)=0. Biét F(z) la mdt nguyén ham ciia ham s 21.f («%) va F(0) = 10, hay tinh F(2).

(A) F(2) = 566. B) F(2 566 (©) F(2) = 366. D) F(2)=

Cau 47. Cho ham s6 bac bén f(z) = az* + b2 + ca® + dr + e va ham sb bac ba
g(z) = ma>® + nz® + pr + ¢ Cic ham sb y = f'(z) vi y = ¢/(z) ¢6 dd thi nhu hinh vé bén. Biét
f(1) =g(1) — 2 va dién tich hinh phang giéi han béi cdc dd thi ham s6 y = f/(z), y = ¢'(z) bang 4.
Dién tich hinh phang gi6i han béi cdc dd thi ham s6 y = f(x) va y = g(z) bang

yA

y=g(x)

i v=7"(x)
0 1 2 3\ X
32 ®) 16 16 16
15 3" 25 15

Cau 48. Cho ham s6 y = f(z) lien tuc trén R\{-1;-2}, théa man f(-3) =0 va
(x2+3:1:—|—2) fl(x)+ f(z) =2+ 2 —2, Vo € R\ {—1;—2}. Khi d6 gi4 tri ctia f(0) 1a

(A) —3In2. (B) 6—3In2. (C) 6612 (D) 3—6In2.

Cau 49. Cho ham s6 y = f(z) c6 dao ham, lién tuc trén R va c¢6 3 cuc tri, théa man
2f () + f(1 —x) = =32 + 423 — 2, Vo € R. Goi g(z) 1a ham s6 bac hai di qua 3 diém cuc tri clia
y = f(x). Tinh dién tich hinh phang giéi han bdi cdc do thi ctia y = f(x) va y = g(z).

1 4 3 6

@ Z. @ B. T5. ﬁ.

Cau 50. Cho ham s6 y = f(z) =2t b +ca? +dr+e (be,d,e €R) cb céc gid tri cuc tri 1a 1; 16
f'(@)
V(@)
(A) 4. B) 12. ©) 6. (D) 10,

1
Cau 51. Cho ham sb f(z) lién tuc trén R théa man f(z) = 2+ / f(#)dt, ¥x € R. Tinh f (v/2022).
0

va 25. Dién tich hinh phing giéi han béi dd thi ham s6 g(z) = v6i truc hoanh bang

4045 2021
- B) 2022. = (D) 2023.
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In(1+2 b S
n7—i_x>d = glr15—|——1n3—|—clr12 véi a,b,c € 7. Gia tri cua a+ b+ ¢ bang
+ 22 + 22 3 2

@A) 2. B) 3. ©) -1. D) 0.

Cau 52. Cho /

Cau 53. Cho ham s6 f(x) c6 dao ham lién tuc trén R thoa man f(2) = 30 va /f(a:)dx =

1
Tinh [ z.f (2z)dz
[
(A) 12. B) 9. (©) 15. (D) 13.

us

Cau 54. Cho [ do =
J (2021sinz +2022c0s )’ 2.2021.2022

gia tri ctia biéu thiic P = 3a — 2b bang
(A) 2020. B) 2019. (C) 2022. (D) 2021.

Cau 55. Cho ham s6 y = f(z) ¢6 dao ham trén R va f'(z) — f(z) = (z +1)e3?, v6i moi z € R. Biét
5 §
f(0)= 7, gid tri f(1) bang

@ Ze3+e. ie?’—l—e. @ ie?’—e. @ Ze?’—e.

Cau 56. Cho ham s6 y = f(z) c6 dao ham f/(z) = In(x +a), Vr > —a, a 1a s6 thuc duong va
a

i 1 1 1
sinx + cosx (+b> véi a < b va a,b € N*. Khi d¢,

f(0) = alna. Biét /f(x)d:c =0, khi d6 ménh dé nao sau day ding?

0
@aE(Q;e). aE(O;l). @ae(l;ﬂ). @a€<§;2).

Cau 57. Cho ham s6 f(z) = 2" +bz? + ¢ (b,c €R) ¢6 dd thi la dudng cong (C) va dudng thang
d:y=g(r) tiép xtic v6i (O) tai diem z, = 1. Biét d va (C) con c6 hai diem chung khac c6 hoanh do

Fo(x)— f(x)

N N g
laz,,z, (x, <z,) Va/ (17

Ty

4 ?
dr = 3 Tinh dién tich hinh phang giéi han béi dudng cong (C')

va dudng thang d.
29 @ 28 143 43

5 5 5 5
Cau 58. Cho ham s6 f(z) = 3z* + az® + bz + cx +d (a,b,c,d € R) c6 ba diém cue tri la —2; —1 va
1. Goi g(z) = ma> +na?+pr+q (m,n,p,q € R) 1a ham sb dat cuc tri tai diém —2 va cé do thi di qua
ba diém cue tri ciia dd thi ham s6 y = f(z). Dién tich hinh phéng gi6i han béi hai duong y = f(z)
v y = g(x) bang
78 81 87 79
B ® 5 B B
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Cau 59. Cho hai ham s6 f(x) = az* 4+ b2+ ca? +d va g(x) = kx +d véi a,b,c,d,k € R. Dt
h(x) = f'(z) + ¢ (x). Biét rang do thi ham sf) y = h(z) nhu hinh vé va h(2) = —2, dién tich hinh
phing giéi han béi do thi cdc ham sb y = f(x) va y = g(z) gan nhat véi gia tri nao sau day?

vi

O
o

[~

(A) 5,21. B) 10,42. (©) 1,74 (D) 3,47.

Cau 60. Cho ham s6 f(z) = 2 +bz® +¢ (b,c€R) ¢6 3 diem cuc tri x,,2,,2,. DO thi ham sb

g(z) =ma®+nz+p (m,n,p € R) di qua 3 diém cuc tri clia dd thi ham s6 y = f(x). Biét dién tich hinh
2 N Z S 4

phang giéi han bai hai d6 thi ham s6 y = f(x) va y = g(x) bang = Gidtricta T =b+c—(m+n+p)

la
(A) T =—4. B) T =4. ©T=1. D) T =-1.
Cau 61. Cho ham s6 y = f(z) c6 dao ham trén R, biét f(1) =1 va
1 1
37
0/ z)+ f(z O/[x —2+f(x )}f(x)dx%—ﬁ,

tinh [ = / x)+sinx — aﬂ dzx.

(A) I=-1. B) =1 © I1=-2 D) =2

Cau 62. Cho ham s6 bac ba y = f(z) ¢6 do thi (C) nhu hinh vé.

LV

SN

Biét dd thi ham sb ¢t truc hoanh tai ba diém c¢6 hoanh d6 T,,T,,2, theo thit tu lap thanh cip sd
cong va z, —x, = 2v/3. Goi dién tich hinh phing giéi han béi (C) va truc Oz 1a S, dién tich S, ciia
hinh phang gi6i han bdi cdc duong y = f()+2, y = —f(2) —2, v =2, vA v = 2, bang

A) 4v3. S+4v/3. (©) S+2v3. D) 8v/3.
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Cau 63. Cho ham s6 y = f(x) lién tuc trén khodng (0;+o00), f(z) # 0 Vo > 0. Biét rang

1 / \
fl(x)=Qz+1)f%(z) Vo >0 va f(1) = —5 bat m = /xf(x)dx, ménh de nao sau day diung?
1

@m:lne—gl. mzln‘:l. @m:lnegl. @m:ln 2

e+1°

2
C4u 64. Cho ham s y = f() lién tuc trén R va c6 dd thi nhu hinh vé. Tich phan I = / \ f(2z —3) ] dz
1

bang

@A) s. B) 4. ©) s. D) 2.

Cau 65. Cho ham 6 y = f(z) = az® — 22> +br+¢, a#0va y=g(z) =ma® +nz+p, m#0 c6 dd
thi cat nhau tai ba diém A, B,C nhu hinh vé. Biét rang do thi ham s6 y = g(z) 1& mot parabol cé

3
. 1 s
truc doi xiing la z = 5 va dién tich tam gidgc ABC bang 2. Tinh /f(x)dx.
1

Al

v=f(z)

(A) —2. B) —4. © —;1. 238.
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Cau 66. Cho ham s6 f(z) = —2®+ bz +cx+d (b,c,d € R) ¢6 dd thi (C). Goi g(z) 1a ham sb béc
nhat c6 do thi la dudng thang cit do thi (C) tai ba diém A, B,C sao cho BA=2BC. Goi S,, S, lan
. . 8

lugt la dién tich cac hinh phang duge ki hiéu nhu hinh ve. Biet S| = 3’ tinh S,.

7
@5225-

Cau 67. Cho ham s6 f(z) c6 dao ham lién tuc trén R va théa man f/(z) —3f(z) = (2x2 + 1) e‘”2+3$_1,
Ve e R va f(2) =26 Biét f(1) = a.e” v6i a,b € N. Hé thitc ndo sau day dung?

@a—i—?b:?. a—b:—3. ©a+b:5. @a—2b:—4.
Cau 68. Cho ham s6 y = f(z) c6 dao ham va lién tuc trén [0; 721 théa man f(z) = f'(x) —2cosx.

Biét f<72r>:1, tinh gid tri f<76r>
V3+1 V3—1 1-V3
A ;. S © — D o.

Cau 69. Cho hai ham s6 y = f(z) va y = g(z), biét ring ham s6 f'(x) = az® + b2’ + cx +d va
¢ (z) = qz* +nx+p véi a,q # 0 c6 d6 thi nhu hinh vé, dién tich hinh phang gii han béi hai do thi
ham s6 f'(x) va ¢/(x) bang 10 va f(3) — g(3) — 45 = 0. Dién tich hinh phang gi6i han bai hai d6 thi

ham s6 y = f(z) va y = g(z) bang Yvei Lia phan s6 toi gidn. Tinh P = uv.
v v

AY

y=f'(z)

- — - - - - - =

I

I
[@) 2 T
A y= 9’(3"\

(A) P=45. B) P =48 (C) P=24. (D) P =36.
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A. CAU HOI

Cau 1. Trong khéng gian cho hai diém 7(2;3;3) va J (4;—1;1). Xét khéi tru (T') cé hai dudng tron
ddy nam trén mit cau duong kinh I.J va ¢6 hai tAm nam trén dudng thang I.J. Khi ¢6 thé tich (7))
16n nhat thi hai mét phang chita hai duong tron déy ctia () ¢6 phuong trinh dang z +by+cz+dy =0
va T+ by +cz+dy = 0. Gid tri clia d2 + d3 bang:

(A) 61. B) 25. (C) 14. (D) 26.

Céau 2. Cho hinh chép déu S.ABCD c6 tat ca cdc canh bang v2a va O 1a tam ctia ddy. Goi M, N
14 hai diém cliing nim trong mét nita mit phang (SAC) c6 bo 1a AC sao cho BMD = BND = 90°.
Thé tich khéi da dién ABC DM N 16n nhat bang.

4a3 2a3 3\/33 \/33
= ® - © “~ D -

Cau 3. Trong khong gian v6i hé toa do Ozyz, cho mit cAu (S): (z—1)%+ (y — 1)* + 2% = 25 va hai
diém A(7;9;0); B (0;8;0). Tim gi4 tri nhé nhat ctia bic¢u thitc P = MA+2M B, v6i M 1a diém bat

ki thuoc mat cau (9).
5v5
@ = 5v/5. (©) 10, D) 5v2.

Cau 4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vuéng. Biét SB = 2AB va SBA = 120°.

Goi E la chan dudng phan giac trong goc @4, biét BE = a. Géc gifta canh bén SA v6i mat day
bang 45°. Thé tich khdi chép S.ABCD bang

7v/14a3 9v/14a3 5v/14a3 V14a?

@ - - © - D~

16 16 16 1

Cau 5. Cho hinh chép S.ABCD cé ddy ABCD 1a hinh binh hanh, ¢6 thé tich 1a V. Goi M 1a trung
diém ctia canh SA, N 1a diém trén canh SB sao cho SN = 3N B. Mit phang (P) thay déi di qua
cac diém M, N va cit cdc canh SC,SD lan luct tai hai diém phéan biét P,@Q. Tim gia tri 16n nhat
ctia thé tich khéi chép S.M N PQ.

Vv 27V 27V Vv

@ 3 ® 80 40 © 6
Cau 6. Cho hinh chép tit gidc déu S.ABCD, mot mat cau (J) (J va S cung phia véi (ABCD)) tiép
xtc v6i (ABCD) tai A, dong thoi tiép xic v6i mat cau noi tiép hinh chép. Mot mit phang (P) di

qua J va BC. Goi ¢ 1a géc gitta (P) va (ABCD). Tinh tanp biét cac dudng chéo ctia thiét dién cia
hinh chép cit béi (P) lan lugt cat va vuong géc véi SA, SD.

o ® Y0 ©Y D

Céau 7. Cho khéi chép S.ABCD véi ddy ABC'D 1a hinh binh hanh, c6 thé tich bang 84a®. Goi M
1a trung diém ctia AB, J thudc canh SC sao cho JC =2JS, H thudc canh SD sao cho HD =6HS.
Mit phang (M H.J) chia khéi chép thanh 2 phan. Thé tich khéi da dién ctia phan chita dinh S bang

(A) 174°. 194°. (C) 24a°. (D) 21a°.
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Cau 8. Cho hinh hop dimg ABCD.A'B'C'D’ ¢6 canh AA" =2, ddy ABCD 1a hinh thoi v6i ABC
la tam gidc déu canh bang 4. Goi M, N, P lan luct 1a trung diém ctia B'C’,C'D’, DD’ va Q thudc
BC sao cho QC = 3QB. Tinh thé tich tt dién M N PQ.

@) 3v5. ® 2V ©Y DY

Cau 9. Trong khéng gian Oxzyz, cho bén diem A(2;3;5), B(—1;3;2), C(—2;1;3), D(5;7;4). Diém
M (a;b;c) di dong trén mit phing (Ozy). Khi bidu thic T =4M A% +5M B* —6MC? + M D* dat gi4
tri nhé nhat thi tong a+ b+ ¢ bang

(A) 11. ~11. (©) 12. D) 9.

Cau 10. Trong khong gian toa do Ozyz, cho hai mit cau (Sy) : 22+ (y— 1)2 + (2—2)2 = 16,

(S2): (@ —12+ (y+1)2+22 =1 va diém A(i;é;—?). Goi I 1a tam mit ciu (S1) va (P) la
miit phang tiép xtc v6i ca hai mét cau (S1) va (Ss). Xét cdc diém M thay ddi va thudc mit phang
(P) sao cho dudng thing IM tiép xtc v6i mit cau (Sz). Khi doan AM ngin nhét thi M = (a;b;c).

Tinh gia tri cia T =a+b+c.
A)T=1. B T=-1. @T:;. @T:—;.

Cau 11. Cho hinh chép S.ABC ¢6 SA L (ABC), SB = a/2, hai mit phing (SAB) va (SBC) vuéng
gbc véi nhau. Géc giita duong thang SC va miit phiang (SAB) bang 45°, gbc giita dudng thang SB
v mit phang ddy (ABC) bang a, (0° < a < 90°). Thé tich 16n nhat ctia khéi chép S.ABC bing

CL3 CLS CL3
® 2 ® 2 © 2 D) V2.

Cau 12. Cho hinh tru (7') chiéu cao bang 2a, hai dudng tron day ctia (T) c6 tam lan ludt 1a O va

O1, ban kinh bang a. Trén dudng tron ddy tam O lay diém A, trén dudng tron ddy tam O; lay diém
B sao cho AB = v/5a. Thé tich khéi tit dien OO AB béng

V3d? V3a® V3d? V3d?
Céau 13. Cho mot hinh nén dinh S ¢6 ddy 14 dudng tron tdm O, ban kinh R = v/5 va géc & dinh
2 2 Z
la 2a véi sina = 3 Mot mat phang (P) vudng gbc véi SO tai H va cat hinh nén theo mot duong

. . . 50
tron tam H. Goi V' la thé tich ctia khoi nén dinh O va déy la dudng tron tam H. Biet V = S—;T khi

a a sz >
SH = 5 v6i a,b e N* va 5 1a phan s6 t6i gidn. Tinh gid tri cta bidu thic T = 3a? — 263

@A) 12, B) 23. (C) 21. D) 32.

Cau 14. Cho hinh ling tru ABC.A'B'C’, ¢6 day 1a tam gidc déu va thé tich bang V. Goi E, F, T 1a
cac diém lan luot di dong trén céc canh AB, BC,C A sao cho AE = BF = C1I. Thé tich khéi chép
A'EFI dat gia tri nhé nhat bang

Vv Vv \% Vv
@ g ® 5 © 7 o
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Cau 15. Khéi lap phuong ABCD.A'B'C'D’ ¢6 @6 dai canh bang a. Céc diém M, N lan luot di dong
trén céc tia AC va B'D’ sao cho AM + B'N = av/2. Thé tich khéi ti dien AMNB' ¢6 gia tri 16n
nhat bang

® . © Y .
12 6 6 12°
Cau 16. Trong khong gian Oxyz, cho hai diém A(1;3;10), B(4;6;5) va diem M thay doi trén mit

phéng (Ozy) sao cho dudng thang M A, M B cing tao v6i mét phang (Oxy) céc gbc bang nhau. Tim
gid tri nhé nhat cia AM.

@) 10. 2V/41. (©) 2v2. (D) 6v/3.

Cau 17. Trong khéng gian Ozyz, cho hai diém A(2;—3;—5), I(2;0;—1) vA mit phdng
(P):2x —y—22+5=0. Piém M(a;b;c) thay ddi thudc mit phang (P) sao cho IM =5 va do
dai doan AM 16n nhat. Khi dé gid tri ciia biéu thic T = a + b+ 2¢ bang

(A) 11. B) 6. ©) -1. (D) —;.

Cau 18. Trong khéng gian véi hé toa d6 Oxyz, cho tam gidc ABC ¢6 AB =2AC va diém M (2;0;4).

Biét diém B thudc duong thang d : % = % = %, diém C thudc mat phang (P): 2z +y—2—2=0 va
AM 1a phéan gidc trong ciia tam gisgc ABC ké tit A (M € BC). Phuong trinh dudng thing BC' 1a
r=2—1 x=2 r=—2+4+2t x=2
@) Jy=t : y=t : © jy=-2+t . @ jy=2-t

z=4+t z=4—t z=—2+3t z=2+t

r—3 y+3 =z

Cau 19. Trong khéng gian véi hé toa d6 Oxyz, cho bén duong thang d :

—1 1 1’
r=06+1
1 y—1 2 1 . .
dg:glj :L:i,dg,:f:&:i,au: y=a+3t (v6itham so t va a,b € R). Bict
1 2 —1 1 -1 -1
z=b+t

rang khong c¢6 dudng thang nao cit dong thoi cd 4 dudng thang da cho. Gié tri ctia bidu thiic 2b—a
bang

A) -2. B) 3. ©) 2. D) -3.

Cau 20. Trong khong gian Ozyz, cho mat cau (5) : (m+2)2 + %+ (z+5)2 = 24 c&t mat phing
(@) :z+y+4 =0 theo giao tuyén la dudng tron (C). Diem M thudc (C) sao cho khoéng cich tit M
dén A(4;—12;1) nhd nhat c6 tung dd bang

A) 6. B) —4. (©) o. D) 2.

Cau 21. Trong khéng gian Ozyz, cho ba diém A(1;1;1), B(1;2;2), 1(0;0;4). Mat cau (S) di qua hai
diém A, B va tiép xtic mit phang (Oxy) tai C. Gid tri 16n nhat ctia d6 dai doan IC bang

A) 3v2. 2V/3. (©) 5. D) 4.
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Cau 22. Cho khéi chép S.ABC c6 SA=SB=SC =a, ASB = 60°, BSC = 90°, CSA = 120°. Coi

CN  AM
M, N 1an luot 1 cdc diém trén canh AB va SC sao cho SC = AR Khi khoang cach gitta M va N
nhé nhat, thé tich ctia khéi chép S.AMN bang
5\/5@3 @ 5\/5&3
432 72 432
Cau 23. Cho lang tru ABC.A'B'C’ ¢6 thé tich V. M, N, P la cic diém lan lugt nam trén cic canh
AM 1 BN CP
?;’,BB',C’C' sao cho A3 B x, oo =y. Biét thé tich khéi da dién ABC.M NP bang
=3 Gié tri 16n nhét ciia 2.y bang
25 17 5 9
3 ® 5 o G

Cau 24. Trong khong gian Oxyz, cho hai diém A(1;1;—3) va B(—2;3;1). Xét hai diem M, N thay
d6i thudc mit phing (Oxz) sao cho MN = 2. Gi4 tri nho nhat ctia AM + BN bang

(A) 4. B) 6. ©) 7. D) 5.

Cau 25. Trong khong gian Ozyz, cho hai diém A(3;1;1), B(3;—2;—2). Piém M thudc mit phing
(Ozz) sao cho cac duong thing MA, M B luén tao v6i mit phang (Ozz) cdc géc bing nhau. Biét
rang diém M luon thude duong tron (C) ¢b dinh. Ban kinh R ciia dudng tron (C) 1a

(A) R=1. B) R=2V2. (© R=5. (D) R=2.

Cau 26. Trong khong gian Ozyz, cho mit phang (P): x4y —2z+10 =0 va hai diém A(1;—1;2),
B(2;0;—4). Goi M(a;b;c) 1a diém thudc doan thang AB sao cho luén ton tai hai mét cau ¢6 ban kinh
R = /6 tiép xiic v6i mit phing (P), déng thi tiép xic véi doan thing AB tai M. Goi T = [m;n)
14 tAp gid tri ciia biéu thiic 2562 +b? +2¢%. Téng m +n bang

12371 1340
. . 140. —_
76 ®) 86 © 10 19

Cau 27. Cho hinh ling tru ding ABC.A'B'C’ c¢6 ddy ABC la tam gidc vuong tai A, AC = 3.

Pudng thang BC’ tao véi mit phang (AA'C'C) mét gbe 45° va tao v6i mét phang ddy goc a sao cho
2 S 2 P -

sina = \2_ Goi M, N lan lugt 1a trung diém ctia cic canh BB, A'C’. Khoang céch giita hai dudng

thang M N va AC' bing

v2 V3
® ® v ©° ©

Cau 28. Cho hinh chép S.ABCD c6 déy 1a hinh vudng canh bing 1, SA = 2 va dudng thang SA

vuong géc voi mit phang (ABCD). Goi M, N lan luct 1a cic diém thay d6i trén hai canh AB, AD

sao cho mit phang (SMC) vuéng gbc véi mit phang (SNC). Khi thé tich khéi chép S.AMCN dat
1

gi4 tri 16n nhat, gid tri cta biéu thic T = bang

AM? AN2

8 41 23 5
@3 B 15 T N
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Céau 29. Cho hinh ling tru tam gidc déu ABC.A'B'C’ ¢6 AB =4v3 va AA' =4. Goi M, N, P lan
Iugt 1a trung diém céc canh A'B’, A'C’ va BC. Cosin ctia gbc gitta hai mit phang (AB'C’) va (M N P)
bang

VT VT /T3 U
@ 5 ® 5 © & D 5
z—m _y+1 _ z4m?

Cau 30. Trong khong gian v6i hé truc toa dé6 Ozyz, cho duong thing A : ] 5 3

va hai diém M(—1;-2;3), N(2;—1;2). Goi M’, N’ lan lugt 1a hinh chiéu vuéng géc ctia M, N trén
A. Khi m thay ddi, thé tich khéi tt diéen MNN'M' ¢6 gia tri nhoé nhat bang

335 125v/3 79
e B) 7V13. ©) T T

Cau 31. Trong khong gian Ozyz, cho mit phang (P): 2 —2y+2z+1 =0 va ba diém A(1;2;0),
B(1;—2:4), C(3;—10;12). Diém M (a;b;¢) thuoc (P) sao cho M A%+ MB? +2MC? dat gia tri nho
nhat. Gia tri 2a+ 3b+ ¢ bang

A 1. B) 2. ©) 2. D) 5.
Cau 32. Trong khong gian Ozyz, cho mit phang (P):mz — 3y — (2m —3)z—9=0 (m 1a tham sb
thuc) va mit cau (9) : (z—1)* 4 (y—1)* + 22 = 16. Biét ring (P) cit (S) theo giao tuyén la duong
tron c6 ban kinh nhé nhat, khi d6 khoéng céch tit diém A(—1;2;3) dén (P) bang

@ Vil el @Y DES

11 11

Cau 33. Trong khong gian v6i hé toa d6 Oxyz, cho hai diém A(1;2;—3), B(—2;—2;1) va mit phing
(P):22+42y—2+9=0. Goi M la diém thay ddi trén (P) sao cho AMB = 90°. Khi khoang cach
M B 16n nhét, phuong trinh dudng thing M B 1a

r=-—2+t r=—-2—1 r=—2+2t r=-—2+t
@ iy=—2 y=—2+20 . ©{y=—2-t . O{iy=—2-1
z=1+4+2t z=1+2t z=1+2t z=1

Cau 34. Trong khong gian Ozyz, cho mit cau (S): 22+ (y—1)* + (2 +2)* =9 va didm A(2;—1;2).

Tit A ké ba tiép tuyén bat ki AM, AN, AP dén (S). Goi T 1a diém thay ddi trén mit phang (M N P)

sao cho tit T ké dugc hai tiép tuyén vudéng géc véi nhau dén (S) va cd hai tiép tuyén nay déu nam
r=—1+t

trong (M N P). Khoang cich tit T dén giao diém ctia dudng thang A:{y=2—¢ v6i mit phang
z=1+3t

(MNP) c6 gia tri nhé nhat 1a

@ ZV3 35 V3 35 ) 2IVE V6 ©) 2V

16 2 16 T2 16

8 2
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Cau 35. Trong khong gian Ozyz, cho hai diém A(1;2;—1), B(5;6;1). Xét khéi nén dinh A va c6
duong tron ddy ndm trén mit cau duong kinh AB. Khi khdi nén c6 thé tich 16n nhat thi mit phing
(P) chtta dudng tron ddy ciia khéi nén di qua diém nao dudi day?

(A) N(4;—1;5). Q(—3;—4;3). (©) P(1;-7;-5). (D) M(6;3;—1).

Cau 36. Trong khéng gian Ozyz, cho mit phang (P):z —y—22+4 =0 va dudng thang
r—4 y+2 z2-4
JANS = =
2 2 N _1 1 2
thang A lan lugt tai M, N sao cho N la trung diém cua AM c6 phuong trinh la

. Puong thang d di qua diém A(2;—1;3), cit mit phing (P) va dudng

r=2+t r=2+t r=2+2t r=2—1t
@WSy=-1-2 . y=-1-t .  ©<y=-1-t . D y=-1+2
z2=3+2t z=3—2t z2=3+t z=3+4+2t

Cau 37. Trong khong gian Ozyz, cho mit cau (S): (z—2)°+ (y+1)* + (2 +2)* = 35 va hai diém
M(6;—14;7), N(10;8;9). Vi A la diém thuoc mat cau (S) sao cho AM + AN dat gia tri 16n nhat,
khi dé tiép dién ctia mit cau (S) tai A c6 phuong trinh 1a

(A) 3z +y+52—35=0. (B) 3z —y+52+38=0.
(C) 3z —y—52+42=0. (D) 32—y +52—45=0.

Céau 38. Cho khéi hop ABCD.A'B'C'D' ¢6 AC' = /3. Biét ring céc khodng céch tit cic diém
2 2 P 6 2

A’ B, D dén duong thang AC” 1a do dai ba canh ctia mdt tam gidc c6 dién tich S = \1/2_, thé tich cta

khéi hop da cho 1a

® Y ® 2 ©Y D1

Cau 39. Cho hinh chép S.ABCD c6 thé tich bang 2 va ddy ABCD la hinh binh hanh. Liy cac di¢m

R SM SN .
M, N lan luot thudc cac canh SB, SD théa man SE=3SD - k (0 <k <1). Mat phang (AMN)

2 e 2z 2z 2 N 1 S
cat canh SC' tai diem P. Biét khoi chop SLAM PN c6 the tich bang 3 khi d6 gia tri cua k bang

®5 ® 5 ©5 ®;

. ) -2 1
Cau 40. Trong khong gian Ozyz, cho diem A(2;—1;3), duong thang d : xT = y;— ]
phéng (P): 3z +y—224+6=0. Goi B la diém thudc (P) sao cho dudng thing AB cit va vudng goc

v6i d. Hoanh do ctia B bang
(A) —5. B) s. (©) 3. D 1.

Cau 41. Trong khong gian Ozyz, cho hai diém A(2;—-2;6), B(3;3;—9) va mit phang
(P):22+42y—2—12=0. Diém M di dong trén (P) sao cho M A, M B luén tao véi (P) cic goc bang
nhau. Biét M luén thuéc mot dudng tron cb dinh. Tung do ctia tam duong tron d6 bang

@) ; _; ©) 0. D) -12.
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Cau 42. Cho khdi chép S.ABCD c6 ddy ABC'D 1a hinh binh hanh va& SA vudng géc v6i mit phing
d4y. Biét AB = /2a, AD = 2a, ABC = 45° vi gbc gita hai mit phing (SBC), (SCD) bing 30°.
Thé tich khdi chép da cho bang

3a®. a’. ga?’. §a3.
@ 3 4

Cau 43. Trong khong gian Owzyz, cho mit phing (P): 2z —y+ 22+ 16 = 0 va mit cau
(S): (x—2)*+ (y+1)+ (2 —3)% = 21. Mot khéi hop chit nhat (H) c6 bén dinh nim trén mit
phang (P) va bén dinh con lai nam trén mit cau (S). Khi (H) c6 thé tich 16n nhat, thi mit phang
chtta bén dinh (H) nam trén mat cau (5) 1a (Q) : 2z + by +cz +d = 0. Gia tri b+c+d bang

(A) -15. ~13. (©) -14. D) -7.

Cau 44. Trong khong gian véi hé truc Oxyz, cho mat cau (S) : (z — 1)2 +(y— 1)2 +(z— 1)2 =12 va
mit phang (P):z —2y+22z+11 = 0. Xét diém M di dong trén (P), cic diém A, B, C' phan biét
di dong trén (S) sao cho MA, MB, MC 1a cic tiép tuyén ctia (S). Mit phang (ABC) luén di qua
diém ¢b dinh nao dudi day?

(A) E(0;3;-1). F(i;—;;—;) (©) G(0;-1;3). (D) H@;o;z).

Cau 45. Trong khong gian véi hé toa d6 Oxyz, cho hai mit phing (P):z—y+2+3 =0,
(Q):x+2y—22—5=0 va mat cau (S):2*+y*+22—2r+4y —62—11=0. Goi M la diém di
dong trén (S) va N la diém di dong trén (P) sao cho M N ludn vuong géc véi (Q). Gid tri 16n nhat
ctia d6 dai doan M N bang

(A) 3+5V3. (B) 28. (©) 9+5V53. (D) 14.

Cau 46. Cho hinh ling tru ABC.A'B'C’ ¢6 day ABC' la tam giac vudng tai A, canh BC = 2a va
ABC = 60°. Biét tt gidc BCC'B' 1 hinh thoi c6 B/BC nhon, mit phing (BB'C'C) vudng goe vdi
(ABC), gbc giita hai mit phang (ABB'A") va (ABC) bang 45°. Thé tich khdi ling tru ABC.A'B'C’
bang

6a’ o 3a° @’

VT VT VT 3VT
Cau 47. Trong khong gian Ozyz, cho hai diém A(2;1;3), B(6;5;5). Xét kh6i nén (N) ngoai tiép
mit cau duong kinh AB ¢ B la tam dudng tron day khdi nén. Goi S 1a dinh ciia khéi nén (N). Khi

thé tich ciia khéi nén (N) nho nhét thi mit phing qua dinh S vi song song v6i mit phang chia
duong tron ddy (N) c¢6 phuong trinh 22 +by+cz+d=0. Tinh T =b+c+d.

(A) T =24. B) T =12 (©) T =36 D) T=18.

Cau 48. Trong khong gian v6i hé toa do Ozyz, tit diem A(1;1;0) ta ké cac tiép tuyén dén mit cau
(S) c6 tdAm I(—1;1;1), ban kinh R = 1. Goi M(a;b;c) 1a mdt trong céc tiép diém tmg véi cac tiép
tuyén trén. Tim gid tri 16n nhat ctia biéu thitc T = |2a — b+ 2c|

@3"‘\/41 3+ 2441 @ 3++v41 @3+2\/41

15 5 5 15
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Cau 49. Trong khéng gian Oxzyz cho cac diem A(4;0;0), B(0;8;0), C(0;0;12), D(—1;7;—9) va M
14 mot diém nim ngoai mit cau (S) ngoai tiép ti dién OABC. Céc dudng thang MA, MB, MC, MO
lan lugt cat mat cau (S) tai cac diem A, B, ', O (khic A,B,C,0) sao cho

MA MB MC MO .
MA’+MB’+MC’+MO’:4' Tim gid tri nhé nhat cia M D+ MO.

(A) 8V/3. 10V/3. (©) 9v3. (D) 11v3.

Cau 50. Trong khong gian Ozyz, cho mit cau (S): (z—1)*+ (y+2)* + (2 —3)* = 27. Goi (a) la
mit phang di qua hai diém A(0;0;—4), B(2;0;0) va cit (S) theo giao tuyén 1 dudng tron (C) sao
cho khéi nén c6 dinh 1a tdm ctia (S) va ddy 1a duosng tron (C) c6 thé tich 16n nhat. Biét rang
(@) :ax+by—z+c=0. Khi d6 a—b+c bang

@A) 5. B) 5. ©) s. (D) —4.

r+2  y—-1 242 <t ohi

= = a ma an
., T Ao
(P):2x—y+2z+1=0. Dudng thang A song song véi (P) dong thoi tao véi d gbc bé nhat. Biet

ring A c6 mot vecto chi phuong @ = (m;n;1). Gid tri biéu thitc T = m?+n? bing
(A) T =5 B T=2 © T=3. D) T =4.

Cau 52. Cho hai mit phang (P), (Q) song song véi nhau va cling cit khéi cau tdm O, ban kinh

Cau 51. Trong khéng gian Ozyz, cho duong thing d :

R = 2a thanh hai hinh tron cung ban kinh. Xét hinh nén cé dinh trung véi tam ctia mot trong hai
hinh tron nay va ¢ ddy 1a hinh tron con lai. Khoang cich h gitta hai mit phang (P), (Q) dé dién

tich xung quanh ctia hinh nén 16n nhat la

@h:4a3‘/§. (B) h=4aV/3. (©) h=2av2. (D) h = 2a.

Cau 53. Trong khong gian v4i hé truc toa do Ozyz, cho hai mat cau (S,) : 224422 =1,
. 1 2

(S,): 2%+ (y—4)% + 2% = 4 va cde diém A(4;0;0), B (4;0;0), C(1:4:0), D(4:4:0). Goi M 13 diém

thay doi trén (S,), N 1a diém thay déi trén (S,). Gid tri nhé nhat cia MA+2ND+4MN +4BC 1a

(A) V256. 2/265. (C) 4V/265. (D) 3v/265.

Cau 54. Trong khong gian Oxyz, cho diém A(13;—7;—13), B(1;—1;5) va C(1;1;—3). Xét cic mit
phéng (P) di qua C sao cho A vi B nam ciing phia so v6i (P). Khi d (A, (P))+2d(B,(P)) dat gia
tri 16n nhat thi (P) c6 dang azx +by+cz+3 = 0. Gid tri ciia a +b+ ¢ bang

@A) 2. B 1. (©) 3. (D) 4.

Cau 55. Cho ling tru tam gidc déu ABC.A'B'C’. Biét gbc giita mit phang (AB'C) va mit phang
(ACC'A’) biang 30° va khoang cach tit diém B dén mit phiang (AB'C) bing av/2. Thé tich ctia khoi
ling tru da cho bang

16v2 4 16 16 4 16v2 4
@?)\/ga. ga/. ©ﬁa @TCL
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Cau 56. Trong khong gian Oxyz, cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vudng tai
A va B, AD =2AB = 2BC va SC vudng géc véi mat phang (ABCD). Néu A(3;0;0), D(0;3;0),
S(0;0;3) va C c6 hoanh dd duong thi tung do ciia B bang

oK ® 2 © ©

Cau 57. Trong khong gian Ozyz, cho mit cau (S) c6 phuong trinh 224?422 —dy—2244=0

va dudng théng d : % — % — Z. Hai mit phing (P), (Q) chita dudng thing d va tiép xic voi
mit cau (S) lan luot tai M, N. Goi H(a;b;c) 1a trung diém ctia MN. Khi dé tich abc bang
64 @ 32 64 32

27 o7 27 27

Cau 58. Cho hinh chép tit gide déu S.ABCD c6 canh ddy bang 2a. Mit phang (o) chita dudng
thing AB va di qua trung diém M clia canh SC va c&t hinh chép theo thiét dién 14 mét da gide cé
chu vi bang 7a. Tinh thé tich ctia khéi nén c¢é dinh S va day 13 hinh tron gi6i han béi duong tron
ngoai tiép cta tit gidc ABCD.

21a3\/6 21a3/6 wa’\/6 2rai\/3
Cau 59. Trong khong gian Oxzyz, cho mit cau (S): (z—1)°+ (y—2)> + (2+3)* = 25 va diém
A(—1;1;—1). Mit phang (P) di qua A va cat (S) theo giao tuyén la duong tron (C). Goi (N)
13 khéi nén cé dinh 1a tAm ciia mit cau va ddy 1a hinh tron giéi han béi (C). Tinh ban kinh ctia (C)
khi thé tich ctia khéi nén (N) dat gid tri 16n nhat.

@3 ® > © 4. D 20

Cau 60. Trong khong gian Ozyz, cho mit cau (S): 22 +4% + 2% =9, diém M(1;1;2) v mit phing
(P):2+y+2z—4=0. Goi A la duong thang di qua M, thudc (P) va cit (S) tai hai diém A, B sao
cho do dai doan thing AB nho nhét. Biét rdng A c6 mot vecto chi phuong 1a o = (1;a:b). Gid tri
ctia 5a + 3b bang

A) -3. B) 5. ©) -1. (D) —5.

Cau 61. Trong khong gian véi hé truc toa do Ozyz, cho mit phing (o) : z+y+2+9 =0 va dudng

2 r y+1 2-2
th d:—=>"—=

ang ‘71 2 _1 Z 2
duong thang d’ tao v6i d mot géc nhé nhat thi d' di qua diem nao dudi day?

(A) M(3;8;-9). N(2;5;—4). (©) P(~1;1;3). D) Q(2;7;—6).

Cau 62. Trong khong gian Oxyz, cho mit cau (S): (z—1)*+ (y—2)* + (2 +4)% = 27. Xét diém M
thudc mit phiang (Ozy) sao cho tit M ké dudc ba tiép tuyén MA, MB, MC dén mit cau (S) (voi
A, B, C'1a cic tiép diém) théa min AMB = 60°, BMC = 90°, CMA = 120°. Db dai doan OM 1én

nhat bang bao nhiéu?

A) 4v5. 4V3. (C) 3v5. D) 5v3.
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Cau 63. Trong khong gian véi hé truc toa do Oxzyz, cho mit cau (S): (z—1)°+y?+(z—3)* =1

=142t
va dudng thang d: { y = mt (t €R). Goi (P), (Q) 1 hai mit phing chtia d va tiép xic véi
z=(1—m)t

(S) tai M, N. Khi m thay d6i, d6 dai doan thang M N dat gid tri nhé nhat bang
3 2
o ®Y ©% © vz

Cau 64. Trong khong gian véi hé truc toa do Oxyz, cho mit cau (S) tdm I(1;1;1) va di qua diém
A(0;2;0). Xét khéi chép déu ABCD c6 B, C, D thudc mat cau (S). Khi khéi tt dien ABCD c6 thé
tich 16n nhat, mit phang (BCD) c6 phuong trinh dang x+by+cz+d = 0. Tinh gi4 tri clia b+c+d.

@) 3. -1, (©) 4. D) —2.

Cau 65. Trong khong gian Ozyz, cho mit cau (S): (x4 1)*+ (y — 1)*+ 2> =4 va hai diém A(1;2;4),
B(0;0;1). Mit phang (P): ax +by+cz+3=0 (a,b,c € R) di qua A, B va cit (S) theo giao tuyén la
mot dudng tron cé ban kinh nhé nhat. Gid tri cia a + b+ ¢ bang

27 33 3 31
T ® 3 ©-1 5

Cau 66. Trong khong gian Ozyz, cho cac diém A(0;0;3) va B(2; —3; —5). Goi (P) 1a mit phang chiia
dudng tron giao tuyén cfia hai mit cAu (S)) : (z—1)° + (y—1)% + (2+3)* = 25 Vi
(S,):a® +y*+2°—2x—2y—14=0. M, N 1a hai diém thudc (P) sao cho MN =1. Gi4 tri nho
nhat ctia AM + BN 1a

(A) 8v2. 34. (©) V78 -2V13. D) V78— V13.

Cau 67. Cho hinh lap phuong ABCD.A'B'C'D’ canh bang 2a. Goi M 1a trung diém ctia BB', P

1 2 - ° 2
thudc canh DD’ sao cho DP = ZDD/' Mit phang (AMP) cat canh CC’ tai N. Tinh thé tich khoi
da dién AMNPBCD theo a.

3 3
@ 11; . 2a3. 92. @ 3a>.

Cau 68. Trong khong gian véi hé truc toa do Oxyz, cho mit cau (S): (z + 1)2 +(y+ 4)2 +(z— 3)2 =6
va diém M (1;—2;4). Xét diém N thudc mit cau (S) sao cho dudng thang M N tiép xtic v6i mit cau

(S). Khi d6 diém N luén nim trén mit phiang c6 phuong trinh

Q) 20 +2y+2+1=0. 20+y+2+2=0. (C) 22+y+2:-2=0. D) a+y+z+1=0.
Cau 69. Trong khong gian Oxyz, cho diém M (a;b;c) v6i a,b,c 1a ba s thuc duong théa man diéu
kién 5 (a2 + b2+ 02) = 6 (ab+bc+ca) va biéu thitc P =1/2(a+b+c) — (62 + 02) dat gid tri 16n nhat.

Goi A, B, C lan luot 1a hinh chiéu vudng géc ciia diém M trén cic truc Oz, Oy va Oz. Phuong trinh
mit phang (ABC) l1a

@ r4+2y+22—-1=0. r4+2y+32—1=0. @ 2v0+y+2—1=0. @ r+2y+22+1=0.
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Cau 70. Trong khong gian Ozyz, cho mit cau (S): 2%+ (y—1)* + (z+5)* = 36 va bén diém
A(1;2;0), B(3;—1;2), C(1;2;2), D(3;—1;1). Goi M(a;b;c) la diém nam trén mat cau (S) sao cho
bidu thitc T = M A%+ 2M B? — MC? —4M D dat gié tri nho nhat. Tinh a+b+c.

22 22 34

—. 2. - e

7 @ 7 7

Cau 71. Trong khong gian Oxyz, cho mat cau (S) : (x — 4)2 +(y+ 1)2 + 2% =8 va hai diém A (0;3;0),
B(4;2;1). Goi M 1a diém thudc mat cau (S). Gia tri nhé nhat cia bicu thitc M A+ 2M B bang

@) 12, V6. (©) 6. (D) 2v6.

, 1 _9

Cau 72. Trong khong gian v6i hé truc toa dd Oxyz, cho duong thang d : x—i— = % _Z T

phang (P):x+y—22+5=0 va diém A(1;—1;2). Duong thing A di qua A cit duong thing d
2 N > _> Z S

va mat phang (P) lan lugt tai M, N sao cho AM = 2AN, biét rang A ¢6 mot vects chi phuong

U = (a;b;—1). Khi d6 a —b bing
A) 4. -2, ©) -5 (D) —4.

Cau 73. Cho hinh chép S.ABCD cé ddy ABCD la hinh chit nhat, AD =2v/2, AB=1, SA=SB,
SC = SD. Biét hai mit phang (SAB) va (SCD) vuéng géc véi nhau va tong dién tich cta hai tam
gide SAB va SCD bing v/3. Thé tich ctia khéi chép S.ABCD bang

on ® 2 ©2 ) V2
Y z

Cau 74. Trong khong gian Ozyz, cho mit phang (P): 2z —y+2+47=0, dudng thing d : % =—5=3
va mit cau (9): (z— 1) +1y%+ (2 —2)? =5. Goi A, B 1a hai diém trén mét cau (S) va AB=4; A", B’

14 hai diém nim trén mit phing (P) sao cho AA’, BB’ cting song song véi dudng thang d. Gia tri

v

mat

16n nhat ctia tong AA'+ BB’ gan nhat v6i gid tri nao sau day?

(A) 13. B) 11. (©) 12. (D) 14,

2, - 1 2
Cau 75. Trong khong gian v6i hé toa do Ozxyz, cho hai dudng thang d, : xT = % = Z+1 va
—1 2 —2 ; )
d,: z . y;— _z 5 Goi A 1a duong thang song song v6i mat phang (P):x+y+2z—7=0 va

cit d,,d, 1an lugt tai hai diém A, B sao cho AB ng&n nhat. Phuong trinh ctia dudng thang A 13

r—=19—1t r=5—t r=06 r=6—2t
5 5, 5,
@ {y=5 : ¥=3 : ©v=53"t . D {v=3+
7 9 9
z=—9+t p= -+t p= o+t p=—o A+t

Cau 76. Trong khong gian Ozyz, cho mit cau (S): (z—1)°+ (y—2)* + (2 —2)* =9 va hai diém
A(4;—4;2), B(6;0;6). Biét M(a;b;c) 1a diem thudc mat cau (S) sao cho MA+ MB dat gia tri 16n
nhat. Khi d6 bidu thic P = a® +b% — ¢® bing

(A) P=18, B) P =106. (©) P=16. (D) P = 136.
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Cau 77. Trong khong gian Ozyz, cho mit cau (S) ¢6 tdm I(2;1;1), ban kinh bang 4. Cho mit cau
(S") ¢6 tam I'(2;1;5), ban kinh bang 2. Goi (P) 1a mit phang thay ddi tiép xtc v6i 2 mit cau trén.
Tinh khodng cdch nho nhat tit gbe toa do O dén (P).

9-V15 9++/15 9—+15 9++/15

Cau 78. Trong hé truc toa d6 Oxyz, cé bao nhiéu diém M trén truc hoanh c6 hoanh d6 nguyén sao
cho tit M ké dugc hai tiép tuyén dén mit cau (S): (z—1)%+ (y—2)>+ (z +3)* = 1 va song song vdi
(Q):2x+y+22=0.

@A 1. B) 3. (:) 4. D) 2.

—1 1 .
Cau 79. Trong khong gian Ozyz, cho dudng thing d : - Y ler va hai diem A(2;0;3),

3 -2
2 —
B(4;2;1). Biém M trén d sao cho d6 dai ciia vecto U = MA+ m nhé nhat. Toa do ciia diém M

la
@ (—2;2;—2). (2;—1;—;). @ (—;;1;—2) @ (4;-2;0).

. -5 25
Cau 80. Trong khong gian Oxyz, cho duéng thang A : % = % : +2 va diem M (2;3; —1). Mt
phang (P) : 2z 4 by + cz+d = 0 chita duong thang A. Khi khoang cich tit M dén (P) 16n nhét, gid

tri ctia b+ c+d bang
(A) 145, (B) 149. (C) 148. (D) 151.

Cau 81. Trong khong gian Ozyz, cho mit cau (S): (x—1)*+ (y+1)* + (2 —2)? = 1. Xét cac diém
1 y—1 242
2 1 =2
hai diém A, B. Dung mét cau tam M, ban kinh v M A.M B. Khi dudng tron giao tuyén ciia hai mit
cau c6 dién tich nhé nhat thi M cé toa do M(a;b;c). Gia tri ctia P = —a+2b+ 9c¢ bang

@) 3. B -3. (©) —4. D) 4.

Cau 82. Trong khong gian véi hé truc toa do Ozyz, cho mit cau (S) : (z — 1)2 +(y— 1)2 +22=q
va ho mit phang (P,,) : <m2 + 1) z+2my+2v/2z = 0. C6 bao nhiéu gié tri a dé khi m thay déi luén

M di déng trén dudng thang d : ‘ . Qua M vé dudng thang cit mit cau (9) tai

2

¢6 duy nhat mot mit cau c¢b dinh ¢ tdm ndm trén mit cau (S) va tiép xtc véi mit phing (P,)?
@ 6. ®)o. © 2 @ 4.

Cau 83. Trong khong gian v6i hé truc toa dd Ozyz, cho tam gidc ABC c6 A(3;1;4), B(2;0;0),
C(4;0;0). Trén céc tia Bm, Cn cliing phia v vudng géc v6i mit phang (ABC) lan lugt ldy céc diém
M, N théa man BM.CN = 1. Goi I 1 trung diéem BC va E la diém d6i xiing ciia I qua triuc tam
tam gidc AMN. Biét khi M, N di déng thi F nam trén mét dudng tron ¢ dinh. Tinh ban kinh
duong tron do.

V17 17 17 18
@ =5 ® 5 o e

BIEN SOAN: TRUONG CONG DAT Tuyén tap VD - VDC trong céc dé thi thit THPTQG | 66


https://www.facebook.com/GenZvsMath
https://www.facebook.com/truongdat2978/

CHUONG III. HINH HQC KHONG GIAN Teacher2kkk | Hoc toan cung GenZ

: —1 1 —1 ’
Cau 84. Trong khong gian Oxyz, cho duong thang d : ‘ 5 = y+1 = va hai diem A(0;1;—4),

2 S 2 o
B(4;—7;—4). Goi M la diem nam trén mat phang (P) : 2x+ 2y — z+ 10 =0 sao cho AM.I@ = AM?.
Tim khoang céch nhé nhat tit M dén dudng thing d?

@) 2v3. V/58. (©) 3v2. (D) 6.

Cau 85. Trong khong gian Ozyz, cho hai diém A(2;3;3) va B(—2;—1;1). Goi (S,) va (S,) lan lugt
14 hai mit cau thay déi nhung luon tiép xdc véi duong thang AB lan lugt tai A va B, dong thai tiép
xtc v6i nhau tai diém M. Khi d6, khoang céch tit M dén mit phiang (P): x4 2y — 2248 =0 dat gi4

tri 16n nhét bang bao nhiéu?
@) 5. ®) 6. © 5v2. D) 6v2.

Cau 86. Trong khong gian Ozyz, cho diém F(2;1;3), mit phang (P) : 2242y —z—3 =0 va miit cau
(S):(z—3)*+(y—2)*+ (2 —5)% = 36. Goi A 1a dudng thing di qua E, ndm trong (P) va cit (9) tai
hai didm A, B sao cho AB dat gi4 tri nhé nhét. Biét A ¢6 mot vecto chi phuong o = (2018;y,; 2, )-
Tinh T'= 2z, — y,.

(A) T = 1009. B) T=0. (©) T =—2018. (D) T = 2018.

Céau 87. Cho mot hinh nén dinh S ¢ ddy 1a dudng tron O, ban kinh R = v/5 va géc 6 dinh bang 2a
2 2, 2,
V6l sina = 3 Mat phang (P) vuong goc v6i SO tai H va cat hinh nén theo dudng tron tdm H. Goi

V 1a thé tich khéi nén dinh O va day 1a duong tron tam H. Biét V' dat gid tri 16n nhat khi SH = %

a P 2z > .2 ,
v6i a,b € N* va 3 1a phan s6 t6i gidn. Tinh gid tri cla bidu thic T = a® + 2b°.

(A) 21, B) 43. (C) 32. D) 12,

r—2 y—1 z2-2

Cau 88. Trong khong gian véi hé truc toa do Ozyz, cho ba dudng thing d, :

-1 2 -1’
r=4+t
r—3 y—2 z N 2 2. 6, . 2
d, T = 5 —71 vad,:qy=2-3t .Duong thang A thay doi cat cac duong thang d,,d,,d,
z=—1+t
X : <7 . ? FS s 2 X AC
lan luot tai A, B,C sao cho T'= AC'+ BC' dat gia tri nho nhat. Tinh ti so 5O
5 7 3 9
@ 5. 5 © D ;.

___***___
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B. DAP AN TRAC NGHIEM
1. DJ|2. DJ[3. B4 B

[11. B |[12. C |[13. C ]|[14. D ][15.
21. C |[22. D [23. A |[24. D ||25.
3. B |[32. B[33. A |[34. B ||35.
[41. A |[42. C |[43. B |[44. A ||45.
151. D |[52. A |[53. B |[54. B |[55.
61. B |[62. C |[63. A |[64. D ]|65.
71. D |[72. B |[73. C |[74. D ||75.
181. A |[82. C |[83. C |[84. C ][85.

| Cll7. A]ls. D]|l9. C |10
| D |[17. A |[18. C |[19. D |[20.
| D |[27. C |[28. B |[29. C |[30.
| C |[37. B ][38. A |[39. A |[40.
|146. C |[47. B ||48. B |[49. C ||50.
|[56. D |
|[66._C |
[76. C |
|[86. D |

157. D |[58. A |[59. D |[60.
(67. D |[68. A ]|69. A |[70.
[77. C |[78. D ||79. B |[80.
187. B |[88. A ]

ssliiveliiwliiwlii@lii=divsiiive

> Q=] |Q|3]|T]|D||w
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A. CAU HOI
Cau 1. Cho s6 phitc z théa man |z 42 —i|+ |z —4 — 7i| = 6v/2. Goi M, m 1an lugt 1& gid tri 16n nhat
va gi4 tri nhé nhit ctia |24 2i|. Khi d6 P = M?+m? bang

(A) 85. B) 110. 1271 127
Céau 2. C6 bao nhiéu sb phite z théa man (22— 2:+7) [z —2(2)*] =07
@) 4. B) 5. (©) 6. D) 3.

Cau 3. Cho s6 phitc z = z + yi, (r,y €R) théa man |z+Z—2| +3|z—Z+4i| < 6 va
|z—1—i| < |2+ 3+i|]. Goi M,m la gid tri 16n nhat va gid tri nho nhat ctia bicu thitc P = 22+ 3y +5.
Khi d6 M +m bang

22 13 33 33

E. @ _g. E. g.

Cau 4. Gia st 21,29 13 hai trong céc s6 phitc z théa man (z—6)(8—1iz) la s6 thuc. Biét rang

|21 — 29| = 6. Gié tri nho nhat ctia |2 4 329| bang
(A) 5—V21. (B) 20— 4v/21. (©) -5+ V73 (D) 20— 2V/73.

Cau 5. Trén tap hop céc sb phite, xét phuong trinh 22 —2(m+1)z+m+3 =0 (m 1a tham sb thuc).

C6 bao nhiéu gia tri ctia tham sé m dé phuong trinh c6 nghiém phitc 2, théa man |z, + 2| = 67
®> of ©1 op

Cau 6. Xét cdc sb phtic z,w théa man |[z+2+2i] =1 va |w+2—i| = |[w—23i]. Khi
|z —w| + |w — 3+ 3i| dat gid tri nho nhat. Tinh |z + 2w|

A7 V61, (©) 2v5. (D) 2v/13.

Cau 7. Cho 2 s6 phtic z,w phan biét théa man |z| = |w| =4 va (z —14) (W+1) 1a s6 thue. Gia tri nho

nhat ctia |z —w| bang
(A) 2v/14. 2V/15. ©) s. D) 2v3.

Cau 8. Trén tap hop céc sb phitc, xét phuong trinh 22 — 2z —m+2=0 (m 1a tham s6 thuc). Goi
T 1a tép hop céc gié tri cia m dé phuong trinh trén cé hai nghiém phéan biét dude biéu dién hinh
hoc béi hai diém A va B trén mit phing toa do sao cho dién tich tam gidc ABC bang 2v/2, véi
C(—1;1). Téng cac phan tit trong T’ bang

(A) 4. B) 9. ©) s. D) 1.

Cau 9. Xét cac sb phiic z,2,,2, théa man |z, —4—5i| = |z, — 1| = 1 va |z +4i| = |z — 8 +4i|. Tinh
M = |z, + 2,| khi biéu thitc P = |z — z,| + |2z — 2,| dat gi4 tri nhd nhat

(A) M = V41, B) M =6. (©) M =2V/5. (D) M =213
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Cau 10. Cho cic s6 phtic 2, va z, théa man cdc dieu kién |z, —i| = |2, — 14| va |z, — 1| = |2, + 2.
Gi4 tri nhé nhat ctia biéu thitc P = |2, — z,| + |2, — 5| + |z, — 5| thudc khoang nao dudi day?

(A) (5;6). (7:8). ©) (8;9). (D) (4;5).

Cau 11. Cho hai s6 phiic z,, z, théa man |z, +3+42i| =1 va |2, + 2 —i| = 1. Xét céc sb phiic z = a+bi
(a,b € R) thoa man 2a — b= 0. Khi biéu thtic T = |z — z,| + |2z — 2z,| dat gid tri nhd nhat thi gia tri
bidu thitc P = a®+b? bing

A) 4. B) 9. (©) 5. D) 10.

Cau 12. Goi M, N, P lan luct 1a cic diém biéu dién clia cic sd phiic 2,72y, %5 thoa man diéu kién
|52, +9—3i| =152,], |2, — 2| = |2, =3 —1i|, |z, + 1| +]|2, — 3| =4. Khi M, N, P la ba dinh ctia tam giac
thi gid tri nho nhat ctia chu vi tam gidc MNP bang

® ﬁf 125@ © 9{01_0 ©) 1375,

Cau 13. Cho s6 phiic z = a+bi (a,b € R) théa man 2z —4 = (1+1i)|z| — (44 32)i. Gid tri cia biéu
thtic P = a — 3b bang

(A) P=—6. B) P=-2. (©) P=6. D) P=2.

Cau 14. Goi S 1a tap hop céac gid tri thuc ctia tham s6 m dé ton tai duy nhat sé phitc z thda man
(z+1i)(Z—1i) = 16 va |z — 4 — 2i| = m. Tinh tong cdc phan tit clia tap S.

@) o. B 8. (C) 14. (D) 10,

Cau 15. Cho sb phitc z théa man |(2+1i)(z—4)+5i| = 3v/5. Gia tri 16n nhit ciia biéu thic
P =|z+1-2i|+|z—7+6i| bang

(A) 4+2V13. 8v/52. (C) 2v53. (D) 2v/41.

Cau 16. Cho sb phtic w va hai s6 thuc a,b. Biét 2, = w+2i va z, = 2w — 3 1a hai nghiém phiic cla
phuong trinh 22 +az+b=0. Tinh gid tri ctia T = |2,| + |2,].

@) 2vis. WIS, © 27 D 2

Cau 17. Cho hai s6 phtic z,, z, théa man |z, |z, =4|z,|z,. Biét rang M, N lan lugt la cac diém biéu
dién s6 phtic z,, Z, trén mat phang toa dé théa man MON c6 dién tich bang 32, khi d6 gid tri nho

nhat ciia |2, + z,| bang
(A) 8v2. 12v/2. (©) 12, D) 16.

Cau 18. Trén tap hop céc sb phiic, xét phuong trinh 2% —mz+m+8 =0 (m 1a tham s6 thuc). C6

bao nhiéu gia tri nguyén ctia tham sé m dé phuong trinh c6 hai nghiém phan biét z,, z,, théa man
2 2

‘zl (zl —i—mzz)‘ = (m —m—8) |2,|7

@) 5. ®) 6. (©) 11. D) 12.
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Cau 19. Cho sb phitc z théa man |z —3 —4i| = /5. Goi M va m lan luot 1a gid tri 16n nhit va gid
tri nhé nhat ctia biéu thitc P = |z+ 2| — |z —i|*. Tinh médun ctia s6 phitc w = M +mi.

(A) Jw| = 2V/314. |w| = 21/309. (©) |w| = V1258. (D) |w| = 3V137.

Cau 20. Trén tap hop céc sd phitc, cho phuong trinh 24az+b=0 (a,b € R). Biét phuong trinh

da cho c6 hai nghiém 1a z, =2 —1i vA z,, khi d6 gid tri ctia |az, — bz,| bang

(A) 6/10. B) 18. (©) 15V3. (D) 513,
Cau 21. Xét céc s6 phtic z c6 phan thiuc &m théa man |z — 1| = 2. Gi4 tri nhé nhat ctia biéu thitc
P =|2+3—i|+|z— V3| + |2+ /3| bing

A 6. B) V3T. (©) 4+ V17. (D) 3+ V17.

Cau 22. Trén tap sd phic, xét phuong trinh 22 — 2az +b* — 20 = 0 v6i a,b 14 cic tham s nguyén
duong. Khi phuong trinh c6 hai nghiém phan biét z,, z, thoa man z, +3iz, = 74 57 thi gia tri biéu
thiic 7a+ 5b bang

(A) 19. B) 17. (C) 32. (D) 40.

Cau 23. Cho phuong trinh 2% —2mz+46m —8 =0 (m 1a tham sb thuc). C6 bao nhiéu gié tri nguyén

ctia tham s6 m dé phuong trinh cé hai nghiém phitc phan biét z,, z, théa man 2,7, = 207,
o B ©:s P

Cau 24. Xét cic s6 phiic z v w thoa man |z| = |w| = 1, |z +w| = V2. Gi4 tri nhé nhit ciia bicu

thitc P = |zw + 2i(z +w) — 4| bang
® 2 L2 © 5-2v2 D) V5.

. 1 )
Cau 25. Cho hai so phtic z,, 2z, théa man |z, —2—2i| = 3 va |z, — 1| 4|2, + 1| = 2v/5. S6 phiic 2
thoa man |2z +2 — 5i| = |22+ 3 — 6i|. Gi4 tri nho nhat clia biéu thiic |z — 22|+ |z — z,| bang

23 13 11
T ® - 5 D) 5.

Cau 26. Trén tap hop cic s phiic, xét phuong trinh 22 — 62 +m =0 (m 1a tham s6 thuc). Goi m,

14 mot gia tri nguyén ctia tham s6 m dé phuong trinh d6 c¢6 hai nghiém phan biét z,, z, thda man

z,.Z] = 2,.%,. Trong khoang (0;20) c¢6 bao nhiéu gid tri nguyén m,?
(A) 11, B) 13. (©) 12. (D) 10,

Cau 27. Biét rdng phuong trinh 22 +mz+8—m? =0 (m 1a tham s thic) ¢6 hai nghiém 2y, 2.
Goi A, B, C lan lugt 1a diém biéu dién ctia cdc s6 phiic z,, 2, v z, = 2. C6 bao nhiéu gid tri ctia m
dé AABC déu?

@A) 1. B) 3. (©) 4. D) 2.
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Cau 28. Trén tap hop céc sb phiic, xét phuong trinh 22 — 2mz+m? —2m =0 (m 1a tham sb thuec).

C6 bao nhiéu gid tri thiue ciia m dé phuong trinh d6 c6 nghiém z, thda man |z,| = 27
@o. ® 1 ©2 Ds.

Cau 29. Cho hai s6 phiic z,, z, théa man |z —3—2i| = [z —1|, |2, — 2,| = 2v/2 va s phitc w thoa

man |w —2—4i| = 1. Gi4 tri nho nhat ciia biéu thitc P = |z, — 2 — 3i| + |z, — w| bang;:
(A) V10. V17 -1. (©) 4. (D) V26.

Cau 30. Cho hai s6 phitc z,, 2, théa man |z, — 2,| = V2 v |2, +4 —4i| = 3v/2— |2,|. CGoi M, m lan
lugt 14 gid tri 16n nhét, gid tri nho nhat ciia biéu thiic P = |z, + 1+ 2i|, gid tri M>+m? bang

(A) 50. B) 54. (C) 34, 929.

Cau 31. Cho s6 phtic z théa man (z+1—14)(Z+1414) =5 va P = |z —2i|*> — |2+ 1|>. Téng gia tri

16n nhat va gid tri nhdé nhat cia P bang
A) -9. B) 11. ©) 2. (D) 20.

Cau 32. Cho s6 phitic z théa man dieu kién |z + 2 — 6i| = [z — 3+ 54| vA s6 phitc 2z, ¢6 phan thuc

bang phan 4o. Gia tri nhd nhét ctia biéu thic ‘z -2z, + 212’ la
3v/26 9 1 V26
O 5 ©5 D 5

Cau 33. Trén tap hop céc sb phiic, xét phuong trinh 22— 2mz+3m+10=0 (m 1 tham s6 thuc).
C6 bao nhiéu gi4 tri nguyén ctia m dé phuong trinh dé c6 hai nghiém z,, 2, khong phai s6 thic thoa
man |z, |+ |z, <87

@A) 1. B 2. (©) 3. D) 4.

Cau 34. Gid st z,, 2, 1a hai trong céc s6 phtic z théa man (z—6) (8 —14%) 1a sb thuc. Biét rang

|z, — 2,| = 6. Gia tri nho nhat ctia |z, +32,| bang
(A) 20— 4v/21. 5—V/21. (©) 20—2V/73. D) —5+73.

Cau 35. C6 bao nhiéu s6 phiic 2 thoa man |z +i| + |z —i| =4 va (z+1i) 7 1a s thuc?
@) 2. B) o. (©) 4. D) 1.

Cau 36. Cho cdc sd thuc b, ¢ sao cho phuong trinh 2%+ bz + ¢ =0 ¢6 hai nghiém phiic 2,,%, thoa
man |z, —4+3i| =1 va |z, —8 — 6i| = 4. Ménh dé nao sau day ding?

(A) 5b+c=4. B) 5b+c=—4. (C) 5b+6¢=12. (D) 5b+c = —12.

Cau 37. Cho sb phtic z théa man |z| = 2. Gid tri nhé nhat clia biéu thitc P = |z — 4| + 2|z — 3+ 24|

I
(A) P=2V5. B) P=4V2. (© P=V3. D) P=V2.
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Cau 38. Goi S 1a tap hop tat ci cdc s6 phiic z sao cho s6 phiic w = (2 — 6) (84—3) 14 s6 thuce. Xét

cic s phiic z,,2, € S théa man |z, — z,| =8, gia tri nhé nhat ctia P = |z, +3z,| bang
(A) 20— /13, 5—V/13. (C) 20—4+/13. (D) 20— 8v/2.

Cau 39. Goi S 1a tap hop tat ca cdc sb thue m dé phuong trinh 22 + 3z +m? — 2m = 0 ¢6 nghiém

phtic 2, ma |z,| = 2. Tong tat ca cic s trong tap S bang
A) 4. B) 3. (©) 6. D) 2.

Cau 40. Cho céc s6 phtic z,w théa man |z —i| =1, |z| = |w| va 2w 14 6 thuan 4o v6i phan do duong.

Gi4 tri nhé nhat clia |w — 4 — 44| bang
(A) v29. ®) 6. ©) 4. D) V35.

Cau 41. Cho s phiic z =a+bi (a,b € R) théa man 4(z —2z) —16i =i (z+z—1)* v
gid tri nhé nhat. Tinh S = 4b — 2a.

(A) S =4. B) S =5. (©) s=6. D) S=7.

Cau 42. Cho hai s6 phitc z,w théa man |z| =7, |w| =7 va |3z — 4w| = 35. Gié tri 16n nhét ctia biéu

thitc |4z + 3w +2022i| bang
(A) 2022. (B) 2057. (C) 4044. (D) 2071.

Cau 43. Cho hai s6 phitc z va w, biét rang sd phiic z ¢ phan thuc va phan do déu khac 0 va
, 222432 +4 ) ) P
théa méin m o s6 thuc. S6 phitc w théa méan |w+ 5+ 4i] = v/3. Gi4 tri nhé nhét ciia

22+ 241
P =|z4+w+1+2i| bang

(A) 2v5-2v/3. 3v10—2v/3. (©) 3v5—-2V3. (D) 2v/10 - 2V/3.

1
2—5—1-31' dat

Cau 44. Trén tap hop sb phiic, xét phuong trinh 22 —2z+m—3=0 (v6i m 1a tham s6 thue). Goi
hai diém A va B la hai diém biéu dién hai nghiém ctia phuong trinh da cho. Biét rang ba diém

O, A, B 1a ba dinh ctia mét tam giac vuong (véi O 1a gbc toa dd), khang dinh nao dudi day ding?
@m€[3;8), B) m e (-23). ©m€[8;10]. @me(—6;—2],

Cau 45. Xét hai s6 phiic z,, z, thda man |z, —3—5i| =2 va |z, +3+3i| = 3. Goi M, m lan lugt 1a

gid tri 16n nhat va gid tri nho nhat ciia |z, — z,|, khi d6 M +m bang
(A) 25. B) 15. (C) 10. (D) 20.

. . . R s 1
Cau 46. Goi S la tap hgp tat cé cac so phitc z sao cho so phiic w = ¢6 phan thuc bang 8 Xét

|2 ==
céc sb phiic z,,z, € S théa man |z, — z,| = 3, gid tri 16n nhit cia P = 5|z, —3—5i|* +2|2, — 3 — 5i|*

gan bang véi gid tri nao sau day?

(A) 1533 B) 1530. (C) 1532. (D) 1531.
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Cau 47. Cho hai s6 phiic z,, z, théa man |z, +2 —i| + |z, — 4 —Ti| = 6v/2 va |iz, — 1+ 2i| = 1. Tim

gid tri nhd nhat ciia biéu thic T = |z, + z,|.
(A) V2+1. B) vV2-1. © 2v2+1. D) 2v2—1.

Cau 48. Cho phuong trinh 2522 — 1502 + 2254+ m* = 0 ¢6 hai nghiém phitc phan biét z,, z,. Goi S
1a tap hop cic gid tri thuc cia tham sb m dé 2 nghiém z,, 2, thda man |z, —z,| = 5 Khi d6 tich

cac gid tri clia cdc phan ti clia tap S bang

(A) 4. B) -s. (©) 4. (D) —16.

32244245
224242

Cau 49. Cho s6 phitc z = a+bi (a,b € R) khong 1a s6 thuc va thdéa man
Tinh a+ b khi biéu thiic P = |z — 5|+ 2|z —2 — 3i| dat gid tri nho nhat.

A) 2+V3. B) 4+V/3. (©) 4. D) 4— 3.

Cau 50. Cho hai s6 phiic z,, z, thdéa man dong thoi |z — 1| = V34, |2+ 1+mi| = |z +m + 2i| (trong

d6 m 1a s6 thuc) va sao cho |z, — 2,| 1a 16n nhat. Khi d6 gia tri |2, + z,| bang

@) 2. B) 10. ©) v2. (D) V130.

. 3VD L
Cau 51. Cho céc so phiic z, w théa man |w+i| = = va bw = (2+1)(z —4). Gia tri 16n nhat cia
bi¢u thitc P = |z —1—2i|+ |z —5— 2i| bang

(A) 4+2V13. 6V/7. (©) 2v/53. D) 4V13.

Cau 52. Cho s6 phiic z = a+bi (a,b € R) thda man diéu kién |z — 2+ = v/10. Tinh gid tri biéu
thitc P = 2a+7b khi biéu thitc |z + 6+ 5| + |2 — 6 + 94| dat gid tri 16n nhat.

(A) P=-21. (B) P =25. (©) P=20. D) P=—4.

Cau 53. Cho a la s6 thue, phuong trinh 2% + (a —2)z+2a —3 =0 ¢6 2 nghiém 2., 2y. Goi M, N la

diém biéu dién ctia z,, 2, trén mat phing toa do. Biét tam gidc OMN ¢6 mot géc bang 120°, tinh

la s6 thuc.

téng cac gia tri cia a.
(A) —6. B) —4. ©) 6. (D) 4.

Cau 54. Trong tap sb phitc, cho phuong trinh 22 —2(m —1)z+2m? —7m+5 = 0 véi m 1a tham s6
thue. S6 gia tri nguyén ctia m thudc khodng (—10;10) dé phuong trinh da cho c6 hai nghiém phan

bi¢t z,, z, thoa man z, .z, = z,.7, la

(A) 16. B 17. (C) 14, D) 15.

z—1+41
z2—2—1

Cau 55. Cho s6 phtic z théa man |z —i| = 2. Khi dé diém biéu dién s6 phitic w = thudc

duong thing nao dudi day?

(A) 42 +8y+1=0. (B) 42 —8y+1=0. (C) 4z —8y—3=0. (D) 42 +8y—3=0.
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Cau 56. Cho hai s6 phiic z,, 2, thda man cdc dieu kién |z —2 —i| = V26 va |z +2+mi| = |z —m +1
(m € R). Khi |z, — 2,| dat gid tri 16n nhat thi gid tri ctia |2, + z,| bang

@ 26, ®) V5. © V. D) 2v5.

Céau 57. C6 bao nhiéu gié tri thuc ciia tham s6 m dé phuong trinh 2% — 2(m+ 1)z+m2 —3=0¢co

hai nghiém z,z, thoa man |z, +z,| = |z, — 2,|7
@A) 4. B 1. ©) 2. D) 3.

Cau 58. Goi 2,2, la cac s phitc théa man |z, = 1, liz, — 1+ 3i] = 2. Khi |27 - 7,2, — 1| dat gid tri
16n nhat thi |z, + 2, + V2 (1+1i)| bang

@) 3. 2v2. © 1. D) V2.

Cau 59. Cho hai s6 phiic z,,z, théa man |z, +2 —i| 4|z, —4—7i| = 6v2 va |iz, —1+2i| = 1. Gid
tri nho nhéat ctia bidu thitc P = |z, + z,| bang

(A) 3v2-2. B) 2v2-2. (©) 3v2-1. D) 2v2-1.

Cau 60. C6 bao nhiéu s6 nguyén a dé phuong trinh 2% — (¢ —2)z4a? +3a+2 = 0 ¢6 2 nghiém phitc

21,2, thoa man [Z;+7,] = |2, — 77
(A) 4. B) 3. ©) 1. D) 2.

Cau 61. C6 bao nhiéu gia tri thuc ctia tham sb m dé phuong trinh 422 +4(m—1)z+m?—3m =0
c6 hai nghiém phtc 2,2, théa man |z, |+ |z,| = V10.

@1 ® @3 Do
Cau 62. Cho hai s6 phiic z,,z, va s thuc k thoa man cdc diéu kién sau:
A e
|Zl _2|2 - |Z1 _22.|2 = k; |ZQ - 2|2 - |22 _2i|2 =k

Khi |z, — z,| dat gia tri 16n nhat thi ménh dé nao sau day ding?

(A)0<k<T. B) k <0. © 7<k<12 D) k > 12.

. 3vV5
Cau 63. Xét cac so phic w, z;, z, théa man |z, +1+2i| + |z, —5—6i| = 10, |w+i| = \5/_ va
5w = (2+1) (2, —4). Goi a la gia tri nho nhit ciia bidu thitc P = |2, + 2,|. Khang dinh nao sau day
dung?

(A) ae(1;3). a€(—1;1). (©) a € (0;2). D) a € (2;5).

Cau 64. Trén tap hop céc sb phic, xét phuong trinh 22 —az+b=0, v6i a,b 1 cdc tham sb thuc. C6
bao nhiéu cap gia tri nguyén a va b thuéc doan [—10;10] sao cho phuong trinh trén c¢6 hai nghiém

z, Va z, thoa man |z, +z,| = |z, — 22|7

@A) 26. B) 5. ©) 25. D 6.
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Cau 65. Xét z,,z, la cdc s6 phitc thda man |z, —3+2i| = [7; —3+2i| =2 va |2, — 2,| = 2v/3. Goi

m,n 1an lugt 13 gid tri 16n nhat va gid tri nhé nhat ciia |z, + 2, — 3 — 5i|. Khi d6 m +2n bang

(A) 6—+/10. B) 3v34-2. (©) 6—V/34. D) 3V10-2.

< ) 5
Cau 66. Gia st z va w 1a hai so phiic théa man |z| = |w| = 2 va |z —w| = 4. Trén mat phang Ozy,
goi M, N lan luot 1a diém biéu dién s6 phitc 24w va 3z +w. Dién tich tam gidc OM N bang

(A) 6. B) 3. @Z. @‘;’.

Cau 67. Cho céc s6 phtic z va w thdéa man |z| = |w| =2 va 2w+ wZ +8 = 0. Goi M,m lan lugt 1a

. Khi d6 M —5m c6 gié tri bang bao nhiéu?

z —

gid tri 16n nhat va gid tri nho nhat ctia P =

w—+ 31

(A) M —5m=—3. B) M —5m=3. (© M—5m=2. (D) M —5m=—2.

Cau 68. Xét cac s6 thuc a thay doi théa man |a| <2 va z,, 2, 1a cdc nghiém phiic clia phuong trinh

7 N 2 N ~ z
2 _az41=0. Goi A (2;2) va M, N 1an lugt 13 cdc diém bidu dién 6 phitc 2, va z,. Gi4 tri 1on
nhat cta dién tich tam gidc AMN bing

® 7 151{35 © 2v3. o) 9f

Cau 69. Cho sb phitc w biét rang z, = w+2i vd 2, = 2w — 3 1 hai nghiém ctia mot phuong trinh
bac hai véi he s6 thuc. Tinh T = |z, | + |2,]|.

(A) T =2V13. T:130. (C) T'=4V13. @T:Z\/Bﬁ.

Cau 70. C6 bao nhiéu sb6 nguyén a dé phuong trinh 2% — (a —4) 24 a? —a = 0 ¢6 hai nghiém phitc

Z,, z, théa man |z, + z,| = |2, — 2,|?
A) 3. B) 4. ©) 1. D) 2.

Cau 71. Cho s6 phtic z = a+bi (a,b € R) théa man 2z = (1+1i)|z| + (3+2)i. Tinh gid tri cla
T =10a+5b?

@A) 5. B) 10. (©) 15. D) 5.

Z, =1
2, +2—31

Cau 72. Cho hai s6 phiic 2,2, théa méan ZQTi — V/2. Gi4 tri nho nhét cila
2y — 141

)

|2, — 2, | 1a
(A) 2v2. B) vV2-1. ©) V2. D) 1.

Cau 73. Cho céc sb phtic z, w va t 1an lugt théa min |z +1—2i| =1, w=3i(2+1)+1+4i va
|t —4+i| = |t —3i]. Tim gid tri nhé nhat cta T = |z —t| + |w — t|.

(A) 6. B) 14. (©) 2v5—4. (D) 145/5.
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Cau 74. Xét céc s6 phtic z,w théa min |z| =1, |w| = 2. Khi |z —w — 3 — 4i| dat gid tri 16n nhat thi

|22 —w| bang
A s. B) 2. (©) 4. D) 3.

Cau 75. Trén tap sd phtic, xét phuong trinh 22 +az+b=0 vii a,b 14 cdc tham sb thuc. C6 bao

nhiéu cip s6 (a;b) théa man phuong trinh da cho c¢6 hai nghiém 2,2, va z, +2iz, = 5+ 4i?
(A) 4. B 1. ©) 2. D) 3.

Cau 76. Cho z,, z, 1a hai s phiic théa man |z,| = |z,| = 8. Goi M, N lan lugt 1a cac diém bicu dién
clia cac s6 phitc z, va iz,. Biét MON = 60°. Tinh T = 212 +z§’.

(A) T = 64. (B) T = 64v/3. (©) T =48V3. (D) T = 48.

Cau 77. Trén tap hop céc sb phite, xét phuong trinh 22 +2(m+3)z 4 16m =0 (m 1a tham sb thec),
goi S 1a tdp hop céc gid tri nguyén ciia m dé phuong trinh trén cé hai nghiém phan biét 2., %, thoa

man |z, +1| = |z, +1]. Tinh tong céc phan tit clia S.
(A) 32. B) 33. (C) 35. (D) 30.

Cau 78. Cho hai s6 phiic z va w théa |z —5—2i| =2 v |w —2 —3i| — Jw+ 7| = 0. Gi4 tri nho nhat
12 11
cﬁaP:|z—w|+‘w+5—5z’

@ sva ® s © 6v3 D6
Cau 79. Tim modun clia s6 phtic z biét z —4 = (1+1)|z| — (4 + 32)i.

@ | =2. 2| =4. © lel= D | =1.

___***___

bang
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B. PAP AN TRAC NGHIEM

1. B2 C]3. All4 DJ[5. Alle. B|l7. BJ[s. C][9. D]l10. C |
[11. C |[12. B ][13. € |[14. D |[15. D |[16. C |[17. B |[18. A [[19. C |[20. D |
21. B |[22. C][23. B |[24. A |[25. A |[26. D |[27. D |[28. D |[29. B |[30. C |
131. C|[32. D]|33. D[34. C|[35. A |[36. D |[37. B |[38. C [[39. A |[40. C ]
(4. D |[42. B |[43. D |[44. A |[45. D |[46. D |[47. D |[48. D |[49. A |[50. A |
[51. C |[52. C][53. C|[54. D |[55. A |[56. D |[57. C |[58. A |[59. D |[60. D ]
61. B ||62. C ]|63. C|l64. C ||65. D |[66. A |[67. D |[68. B |[69. D |[70. B |
71. C |[72. A[73. A[74. C||75. C |[76. B |[77. B |[78. D |[79. A ]
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